SimpolPbE K GNaHd SEH T NG MeHRC R SR hrtpGMiviRe. ditdeisdr. BB T Chu Van An
WWW.VNMATH.COM

CAUI: (3 DIEM)
Khao sat, vé do thi ham sé. Cdc bai todn lién quan...Ung dung ciia tich phdn.

* Ham bac ba:

Bai I: Cho ham sd:y =x° —3x +2, ¢6 dd thi 1a (C).

1/ Khao sat su bién thién va vé& do thi (C) ctia ham s6.
2./ Viét phuong trinh tiép tuyén véi (C) tai diém M(0;2).
3/ Tinh dién tich hinh phang gi6i han bai (C) va truc Ox.
HD Bai 1:

1/ Cuc dai (~1;4), cuc tiéu (1;0)

2/ PTTT tai M(0;2) la: y = -3x +2

3/ Dién tich hinh phang: Sy = hx3 —3x + Z)dx = .l[(x3 —3x + 2)dx
-2 -2

Bai 2: Cho ham sé:y = -’ + 3x* — 4, ¢6 d6 thi 1a (C).

1/ Khao sat su bién thién va vé& do thi (C) ctia ham sb.

2./ Viét phuong trinh tiép tuyén véi (C) biét tiép tuyén song song véi duong thang d:
y =-9% 42009

3/ Dung dd thi (C) bién luan theo m sb nghiém ctia phuong trinh: .x* —3x> +m =0
HD Bai 2:

YA
2/ PTTTIla: y =-9x -9,y = —9x +23 : \-1 0 i .2
3/ Xét phuong trinh: .x°> - 3x* +m =0 (1)
PT(l) & =x*+3x*-4=m -4 )
em—4>0<m >4:PT cod 1 nghi€ém duy nhat
em —4=0< m =4: Phuong trinh c¢6 2 nghiém phan biét
e—4<m-4<0< 0<m <4:Phuong trinh ¢6 3 nghi€ém phan biét
em —4=-4 < m =0: Phuong trinh c6 2 nghiém phan biét
em—4<-4<m<0:PTco 1 nghiém duy nhat.
Bai 3: Cho ham sd:y =x° + 3x*> =2, ¢6 d6 thi 1a (C).
1/ Khéo st sw bién thién va v& do thi (C) clia ham so.
2./ Viét phuong trinh tiép tuyén véi (C) tai diém thude (C) c6 hoanh d§ x, = -3
3/ Tinh dién tich hinh phang gi6i han bai d6 thi (C) va duong thang d:y =2
HD Bai 3: .
1/ Cyc dai (-2;2), cuc tiéu (0;-2)
2/ PTTT la: y =9x +25
3/ Tinh dién tich hinh phang: PTHDGD cua (C) va
dix’+3x?-2=2ox’ '+’ -4=0=x=1x=-22
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Bai 4 : Cho ham sd:y =x° + 3x?, ¢6 d6 thi 1 (C). )
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1/ Khao sat su bién thién va vé& dd thi (C) ctia ham sb.

2./ Tim diéu kién cua m dé phuong trinh sau c6 ba nghiém phan biét:

x*+3x*=2-m =0.

3/ Tim diém thudc do thi (C) sao cho tiép tuyén vai (C) tai diém nay c6 hé s6 goc nho
nhat.

HD Bai 4:

2./ Tim diéu kién cta m : Xét PT:x® +3x”> -2 -m =0 < x° + 3x> =m +2, két qua:
-2<m <2

3/ Tim diém thudc dd thi (C): Gia saM (x,;,) € (C) = Hé s6 gbc cua tiép tuyén tai

M, la:

Fery) =3x2 +6x, =3 +2x, +1)=3>-3,f'(x,) = -3 < x, =1 = hé s6 goc cuia tiép
tuyén dat GTNN bang -3 tng v&i TT véi (C) tai diém c6 hoanh d6 x, = -1 twong ing
y, =2. Vay diém can tim 1a M (-1;2)

Bai 5: Cho ham sd:y = 4x® — 3x — 1, ¢6 d6 thi 1a (C).

1/ Khao sat su bién thién va vé& do thi (C) ctia ham s6.

2./ Goi d 12 dudng thing di qua diém 7(~1;0) va c6 hé sb goc k= 1.

a/ Viét phuong trinh duong thang d.

b/ Tim toa do giao diém cta d va db thi (C).

¢/ Tinh dién tich hinh phang giéi han boi (C) va d.
HD Bai 5: .

1/ Cuc dai —1;0 , cuc tiéu l;—2 d
2 2 X
¢ >
1 1
X | ~® D) 2 + o0
y' + 0 - 0

+
D + o0

y 0\’21/
-0 C °

2/
a/ Phuong trinh duong thang d: y =x — 1.
b/ Toa d6 giao diém cua d va (C): A(-1;-2), I(~1;0), B(1;0)

¢/ S, = ﬂ4x3 ~3x = 1—(x - Dgx = ﬂ4x3 — dxfix = j).(4x3 — 4x)dx + j(4x —4x*)dx = (dvdr)

Bai 6: Cho ham sb y =2x° = 3(m + x* + 6mx — 2m

1/ Khéo sét va v& do thi (C) cua ham s6 khi m =1. 7

2/ Tinh dién tich hinh phang gidi han béi (C), truc Ox va hai duong thang: x =1, x =2
3/ qXéc dinh m dé HS ¢6 cuc tri, tinh toa d6 hai diém cuc tri, viét phuong trinh duong
thang qua diém cuc tri do.

HD Bai 6:

1/m =1, tacéhamsd: y = 2x> — 6x? + 6x -2
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y'=6x2—12x +6=6(x —1)> 2 0,Vx € do d6 ham sb ludn ludn ting va khong c6 cuc tri

YA

y' + 0 + 29 ----—-—-

<
\O
+
° 8
-
3\S)
\E

-
2
2/'S, = [or® =6 + 6x — 2fix = [(2” — 67 + 6x —2pdx = %(dvdt) /
1

gh
-2

—_——

= 1 N ' , . \ < A . °

3/ y'=6x>—6(m +1)x +6m , y'=0<:{x .Ham so ¢6 cuc dai va cuc ti€u khi m =1,
=m

phuong trinh dudng thing di qua hai diém CP va CT: y = —(m — 1>x +m(m — 1)

Bai 7: Chohamsb y =x> —mx>+m —1 , m 1a tham sd.

1/ Khao sat va v& d6 thi (C) ctia ham s khi m = 3.

2/ Viét phuong trinh ti€p tuyén ctuia do thi (C) , biét ti€p tuyén vudng gdc voi duong

1

2 1
thang d:y = —x — =
gay 3573

3/ Xac dinh m dé ham sd dat cuc tiéu tai diém x = 2.
HD Bai 7:
1/m=3, tacohamsd: y =x> —3x2 +2

biém cuc dai: (0;2) biém cuc tiéu:(2,-2) T
x|® 0 2 +00 1 i
yv + 0 - 0 + _1‘ O 2‘ : 3 ;)(
P +o l l
' / 2 \ -21/' : ] \/
- 0 C ° | |
2

2/ PTTT la: y = -3x +3.

=Sm =3,

3./ Ham s6 dat cuc tiéu tai diém x =2 < {y (2)=0 = {12 ~dm =0 = {m -
y"(2)>0 12-2m >0~ |m <6
Bai 8: Chohamsb:y = —x>+3x2-2,d0thi (C)
1/ Khao sat sy bién thién va vé d6 thi ham s
2/ Viét phuong trinh tiép tuyén A véi (C ) tai diém A( 0, - 2)
3/ d 1a dudng thing qua K( 1,0) c6 hé s6 gbc m . Tim gid tri m dé duong thang d cat
(C) tai 3 diém phan biét .
HD Bai 8:
3/ Phuong trinh dudng thang d: y =m(x — 1).
x =

, A D3 a2 _ _
PTHDGD ciad va (C ):x* -3x> +m(x —-1)+2=0 (1)<:> o Am—2=0 (2)
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d cat (C ) tai 3 diém phan biét < p. trinh (1) c6 3 nghiém pb < (2) ¢6 hai nghiém

A 1t a , A>0 <3
phéan biét khac 1 < "
1-2+m-2+#0

1/ Biém cuc dai: (0;-2) Diém cuc tiéu:(2;4)

Sm <3
m #

X | - 0 2

ST R ‘
vl -0 o0 - | |

, +\-2/C‘?\_w 2 o /2\ 3 X
2/ PTTT véi (C) tai diém A4(0;-2).

Bai 9: Cho ham sb: y = 2 - 3x?- 1, d6 thi (C).

1/ Khao sat sy bién thién va v& d6 thi (C) ctia ham sb .

2/ Tim toa d6 giao diém cta ( C ) va duong thang d: y = x - 1
3/ Dung d6 thi (C) bi¢n luan theo m sd nghiém cua phuong trinh: 2¢* - 3x*- m = 0
4/ Bién luan theo a s6 giao diém cua ( C) va duong thang d; c6 phuong trinh:
y=ax- 1.

HD Bai 9:

1/. KSHS

: . X
e TXD: D =0 oy =6x%—6x, y:0<:>|:
¥ =

e Gidihan: lim y =0, lim y =+o
X —>—0 X —+0
e BBT

X |- 0 1 + 00

!

y

+ 0 -0 +
y _Oo/é)D\CZT/+OO

« DDB: (-1; -6); (_ __j(z 3)

¢ Do thi:
2/ Tim toa do giao diém cua ( C ) va duong thang d: PTHPGD: 2x3 - 3x2- x = 0.
. = 0
= 0 g =

Ux(2x2-3x-1)=0U %xz-ﬁ-lzoug 3+\/7Thayva0PTdt(d)tacot0a
&

do giao diém.
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2. m=0

3/ Bién luan theo m sb nghiém PT:2x° - 3x
>3- 3x?- m=00 2% - 3x%- 1=m- 1
>Pit: y = 203 - 3x%- 1,d6 thi (C) vira vé v y = m - 1: d6 thi 1a duong thang(d) cing
phuong Ox .

> S6 nghiém ctia PT = s6 giao diém cua (C) & (d) > Bién ludn 5 truong
hop.......

4/ Bién luan theo a s6 giao diém cta ( C) va dudng thang d; c6 phuong trinh:

y=ax- 1.

> PTHPGD:2x3 - 3x*- ax=0 O x(ZxZ- 3x - a): o1 0 g(_) 2. 3 0(2)
x) = -3-a=

> S6 giao diém (d;) va (C) = s6 nghiém cta PT(1)
> Xét PT(2):
3

- TH1: g(0)=00 @ = 0, PT(2) c6 hai nghi¢m: x = 0;x = 5 p PT(1) c6 hai

nghiémb c6 hai giao diém
-TH2: g(0)* 0: D=9+ &

+D<0:Uax<- % PT(2) v nghiém b PT(1) ¢6 1 nghiém b c6 mét giao diém.

+D=0U0a=- %PT(2) ¢6 mot nghiém kép x = % P PT(1)c6 2 nghiém P c¢6 hai

giao diém.

+D>0va at - %U a> - %&al 0PT(2) c6 hai nghiém pb x,x,* 0P PT(1)co 3
nghiémbp c6 3 giao diém.

Bii 10: Cho ham s&:y = 7 - +°

1/ Khao sat su bién thién va v€ do thi (C ) cia ham s6 .

2/ Chirng minh rang dudng thangy = %x - 1 cat d6 thi (C) tai 3 diém phan biét A, M,

B trong d6 M 1a trung diém ctia doan AB. Tinh dién tich cta tam giac OAB.
HD Bai 10: ’ - B
1/ KSHS

y' + 0 - 0 +
v Cb z + 0
- 3 °

2/ Lap phuong trinh hoanh do giao diém, giai dwoc 3 nghiém x =+1 ; x =3

= A4 (—l;—i); M (l;—%}
3 3

B(3;0) tir két qua trén = M la trung diém cua doan AB.

1 4 l -2; =
—3.=-=2 t w
233 (dvdt)

Dién tich tam giac OAB: S, , =

"3
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* Ham nhat bién
Bai 11: Cho hamsé y = 2
X

*11 c6 db thi (C)

1/ Khao sat su bién thién va v& dd thi ham sé

2/ Tim m dé (C) cat duong thang (d): y =m(x + 1)+ 3 tai 2 diém phan biét A,B nhan
I(-1;3) 1am trung diém AB.

HD Bai 11:

1.Khao sat va v& do thi (C) ham sb.

>Tap xdc dinh: D =10\ {1}

>y'= —( 31)2 —y'<0, Vx =1, ham s6 giam trén ting khoang xac dinh.
Y —

> lim y =2 = d0 thi c6 tiém c4n ngang 13 y =2

X —>Fo0
> lim y = +00; lim y = —oo = dd thi ¢c6 tiém can dimg 1a x =1
x>t x—>1"
- 00 1 + oo
> BBT Y - -
y ) ) + oo
\_OO \ 5

>Diém dic biét: A(- 2; 1); B(0; - 1);C(2;5); D(3;%)

> D6 thi:
2/ Ta thay I(-1;3) nam trén (d). Hoanh d6 giao diém ctia (C) va (d) 1a nghiém cua
phuong trinh

2x +1

dé (d) cit (C) tai 2 diém phén biét A,B nhan I 1am trung diém AB<=> (*) ¢6 2

=mx +1)+3 < mx +x —-m —4=0(*) ((*) khong c6 nghi¢ém x = 1)

m#0
+X,

nghiém phan biét x;, x, thod man T oA 1+dmm +4) >0 o m _1
2

o,

m

Bai 12: Cho ham sb y = 3’(x—+21) (©).
x_

1/ Khao sat va v& do thi (C) cua ham s6.

2/ Viét phuong trinh tiép tuyén voi (C ) tai giao diém cua (C) va truc tung.

3/ Tim tat ca cac diém trén (C ) ¢6 toa dd nguyén.

HD Bai 12:

3/ Co 6 diém thudc (C) co toa dd nguyén la: (1; -6); (3; 12); (-1; 0); (5; 6); (-7; 2) va
(11 4)

Bii 13: Cho ham's§: y ==~
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1/ Khao sat sy bién thién va v& d6 thi (C) ctia ham sb ,
2/ Chung minh rang v&i moi gia tri cua m, duong thang y =x —m ludn cat (C) tai hai
diém phan biét.
HD Bai 13:
2/ PT HDPGD cua (C) va duong thang y =x —m : E e
X

SxP—(m+4x +2m +1=0,x =2 (¥)

x =2 khong la nghiém cuapt (¥*)va A=(m +4)’ —-4.2m +1) =m* +12 > 0,Vm . Do @6,
pt (*) ludn c6 hai nghiém khac 2. Vay duong thang y =x —m ludn cat (C) tai hai diém
phan biét.

Bii 14: ChohamsG y = 2+ —

x-1
1/ Khao sat va v& d6 thi (C) ctia ham sb.
2/ Viét phuong trinh tiép tuyén voi voi do thi (C) tai giao diém cua (C) va truc Ox.
3/ Tim m dé dudng thang d: y = —x +m cat (C) tai hai diém phan biét .
HD Bi 14:

Ham s6 duoc viét lai: y =

2x + 1
x-1

1.Khao sat va v& do thi (C) ham sb.

3

>Tap xdc dinh: D =0\ {1} >y':—( 1)2 —y'<0, Vx # 1, ham sb giam trén timg
Y —
khoang xac dinh. .
> lim y =2 = dothicotcnganglay =2, lim y = +o0; lim y = —o0 = d0 thi co tc
Xk x—1t x—>1"

dimg 1a x =1
> BBT

) -0 1 + o

y' - -

y ) ) + o0

\—oo \ 2

> Didm dic biét: A(- 2; 1); B(0; - 1);C(2;5); D(3;%)
> D6 thi:

2.Viét phuong trinh tiép tuyén v&i v6i @6 thi (C) tai giao diém cua (C) va truc Ox:

\ \ X . 1 A s Lo A L \ . a:
>Thay y =0 vao hamso taco x = - — @06 thi ham s0 cat truc hoanh tai diém

1
M, —=;0
(7]

> Phuong trinh tiép tuyén c6 dang: y —y, = £ '(x,)(x —x,) trong dé:
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xO:—l;yO:O vi y'=- 3 3 :>f'(x0):—12:>PTTT:y:—ix—%
2 (x - 1) 373
3.Timmdéd: y =—x +m cat (C) tai hai diém pb.
>PTHDGD: 2 +11 =x+m Sgx)=x"+1-mx+1+m =0 (1) (x #1)
¥ —

>YCBT < PT(1) c6 hai nghi€ém phan biét = 1

g0 [3#0 m<3-22
= =

A>0 m*—6m—3>0 m>3+2\/5

N \ J X +1 x4
Bai 15: Chohamso y = T c6 do thi (C).
X

1/ Khao sat sur bién thién va v& do thi ham so. 7

2/ Tim di€ém M trén Ox ma ti€p tuyén di qua M song song vdi duong thang (D):y = -
2x

HD Bai 15:

>TXD: D=0\ {-1}

> Chiéu bién thién y’Z(_—l)z , ¥ <0 v&i moi x # -1, hs nghich bién trén cac
x+
khoang: (-o0;-1) va (-1;+00)
>Tiém cin : lim Xl gim =l =i Nenx=-11aTCD
x> x +1 x=>-1 x +1

limy=-1 Nény=-1ATCN

x—>to0

> Bang bién thién.

> D0 thi: d6 thi cat Ox tai (1;0), cat Oy tai (0;1)

2/ Néu goi My(xo;yo) 12 tiép diém thi tir gia thiét ta c6 i) =-2 suy ra xo=0 va xo= -
X, +

2 v6i xo= 0 thi yo= 1 ta c6 pttt tai My 1a y = -2x + 1 nén cat Ox tai M(1/2;0)
Vi xo= -2 thi yo= - 3 ta c0 pttt tai Mo la y = - 2x - 7 nén cat Ox tai M(-7/2;0)
Vay c6 hai di€m thod ycbt M(1/2;0) va M(-7/2;0)

Bai 16: Cho ham sé: y = % dd thi (C).
-
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1/ Khao sat va v& d6 thi (C) ctia ham sb :
2/ Viét phuong trinh tidp tuyén véi (C) tai 4 (1; —%j

3/ Tim M e (C) sao cho khoang cach tir M dén tiém cin dimg bang khoang cach tir M
dén tiém can ngang
HD Bai 16:

Bii 17: Cho hamsb y = —2 (C)
x+1

1/ Khao sat va v& d6 thi (C) ctia ham sb

2/ Tim m dé dudng thang d: y = mx +2 cat ca hai nhanh cta do thi (H).

HD Bai 17: 7 ,

2/ Phuong trinh hoanh d¢ giao diém: mx’ +(m +4)x +2 =0 (%), x = —1. d cat hai nhanh
cua (H) & (*) c6 2 nghiém thod man: x, < -1<x, < af(-1) <0 < mf(-1) < 0. Tim
duoc m >0

Bai 18: Cho ham sé: y = 2 "1 ¢6 db thi 1 (C).

x+1
1/ Khao sat sy bién thién va v& d6 thi (C) ctia ham sb.
2/ Tim trén (C) nhitng diém co tong keach tir do dén hai tiém cén cua (C) nho nhét.
3/ Lap phuong trinh tiép tuyen v6i (C), biét tiép tuyén d6 song song vai dudng phan
giac cta goc phan tu thir nhat.

Bai 19: Cho ham sb: y = Qix

c6 d6 thi 1a (C).

1/ Khao sat su bién thién va v& dd thi (C) ctia ham sb.

2/ Tinh dién tich hinh phang gi6i han bdi (C) va hai truc toa do.

3/ Viét phu’ong trinh cac dudng thang song song voi dudng thang: y = —x + 3 va tiép
xtc voi d6 thi (C)

HD Bai 19:

3/ C6 hai tiép tuyén thoa ycbt: (d,):y =—x -3, (d,):y = —x +1

Bii 20: Cho ham sé: y = % c6 db thi 1a (C).
X
1/ Khao sat su bién thién vave b thi (C) ctia ham sd. 7
2/ Tinh dién tich hinh phang gidi han béi (C) truc Ox va hai duong thang x =0, x = 2.
3/ Viét phuong trinh tiép tuyén véi dd thi (C) tai giao diém cua (C) va truc tung.

* Ham trung phwong

Bai 21: Cho ham sb: y =x* - 2x?

1/ Khao sat sy bién thién ,va v& d6 thj cua ham sd.

2/ Pinh m dé phuong trinh: x* —2x? + logm —1 = 0c6 4 nghiém phan biét

HD Bai 21:

2/ Phuong trinh ¢6 bon nghiém phan biét < —1<1-logm <0 < 10 <m < 100
WWW.VNMATH.COM www.VNMATH.com 9
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Bai 22: Cho ham sb: y = %x“ 32 +% c6 db thi (C).

1/ Khéo sat va v& do thi (C) cia ham s0. 7

2/ Viet PTTT vi do thi (C) ctia ham so tai diém thude (C) c6 hoanh do x, =2.
3/ Tim diéu kién cia m dé phuong trinh sau c6 4 nghiém : x* —6x>+1+m =0.
HD Bai 22:

1/ KSHS: y :lx4—3)cz+z
2 2
e TXD: D =10
JIP NP o x =0 y=3/2 *
ey =2x" —6x, =0 <
4 4 x=i\/§;y=—3
e Gidihan: lim y =+,
x—t X
« BBT >
X | -o '\/5 0 -\/g +
y' - 0 + 0 - 0 +
+ cb +
y CT 3 CT
\_3/ - \3/
e DDB: A(-2;-5/2); B(2;-5/2) .
2/PTTT véi (C) tai x, =2
ox,=2=y,=-5/2 o f(x) =2 —6x = f(x,) =4 o PTTT: y =4x —(21/ 2)
3/ Tim m dé pt sau c¢6 4 nghiém : x*—6x>+1+m =0.
SN P ey NG U S e U L
2 2 2

>Pit: y=-x>+3x+1,d0thi (C) viravEva y = 1- %: d6 thi 1a duong thang(d) cing

phuong Ox . ’ 7
> SO nghiém cua PT = s0 giao diém cua (C) & (d) > YCBT

<:>—3<1—ﬁ<§<:>—1<m <8
2 2

Bai 23: Chohamsb: y =x*(m —x?)

1/ Tim diéu kién ctia m dé ham sd c6 ba cuc tri.

2/ Khao sat su bién thién va v& do thi (C) ctia ham s6 khi m =4.

3/ Viét phuong trinh tiép tuyén véi do thi (C) tai diém c6 hoanh d6 x, = - 1 .
HD Bai 23:

1/ Tim diéu kién cua m dé ham sd ¢6 ba cuc tri.

>TXD: D=0, y=mx?-x*;y =2mx —4x>

x=0

>y =0 2mx —4x’ =0 =
xzz%@)
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> Ham s c6 ba cuc tri <y =0 cd ba nghiém phan biét va doi dau ba lan < PT(2)
¢0 hai nghiém phan biét x ,x, #0 < m >0

2/ > m=4tacodhamsd: y = —x* + 4x7:
e TXD: D=0, ey =—4x>+8&, y =0
Y Y = 12;

e Gidi han: lim y =~
X —>*too
X | - -\/E 0 \/E +

e BBT y

3/PTTT Ia: y = —4x 1|, / CD\ CT/ CD\

Bai 24: Chohamsb: y =x* —2x2 +1

1/ Khao sat va v& dd thi (C) ciia ham s0. 7
2/ Viét phuong trinh tiép tuyén voi (C) tai diém cuc dai cua (C) .
3/ Tinh di¢n tich hinh phang gidi han béi (C) va truc Ox.

Bai 25: Chohamsé : y =(1-x%)* -6, d6 thi (C)

1/ Khao sat su bién thién va v& d6 thi (C) cta ham sd.

2/ Bién luan theo m s6 nghiém cua phuong trinh: m —xt+x? =0

3/ Viét phuong trinh tiép tuyén cta do thi biét no song song v6i duong thang d:
y =24x +10

HD Bai 25:

O0=>y=-5

1=y =-6

3/Tacd: 4x° —4x =24 > x> —x-6=0<x=2,khix =2=y =3. Vay PTTT la:
y =24x —45

l/y':4x3—4x,y':O<:>[x
x

Bai 26: Chohamsb y = «* +2x? +3 d4 thi (C)
1/ Khao sat va v& d6 thi (C) ctia ham sb

2/ Tim m dé phuong trinh x* —2x2 +m =0 (*) c¢6 bdn nghiém phan biét.
HD Bai 26:

2/ Phuong trinh (*) < —x* +2x? +3 =m +3
PT (*)c6 4 nghiém pb khi dt: y =m + 3 cét (C) tai 4 diém pb

S3<m+3<4e0<m<l.

Bai 27: Choham s6: y =x* —mx? —(m +1) ¢6 @6 thi (Cy,), (m la tham s6).

1/ Tim m biét d6 thi ham sb di qua diém M(-1;4)

2/ Khio sat sur bién thién va v& do thi (C) cia ham sd khim =-2. v

3/ Goi (H) 1a hinh phang gidi han boi (C) va truc hoanh. Tinh thé tich vat thé tron
xoay tao ra khi quay (H) quanh truc hoanh.

Bai 28: Cho ham sd: y = —x* +2mx?, ¢6 d0 thi (Cy), (m la tham sé)

1/ Khao sat su bién thién va vé& dd thi (C) ctia ham s6 khi m =1.

WWW.VNMATH.COM www.VNMATH.com 11
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2/ Lap phuong trinh tiép tuyén cta (C;) tai diém A(+/2 ;0).
3/ Xac dinh m dé ham s6 (C,,) ¢6 3 cuc tri.
Bai 29: Chohamsd: y =x* —(1-2mw? +m? —1, m 1a tham sd.
1/ Tim m dé ham sd dat cuc tiéu tai x = 1. Khao sat va v& dd thi (C) ctia ham sé voi m
vua tim duogc.
2/ Dung db thi (C) bién luin theo m s6 nghiém cua phuong trinh: 4x* — 8% -3 —k =0
Bai 30: Cho ham sb: y =2x2 —x* (C).
1) Khao sat sy bién thién va v& db thi (C) .
2) Tinh dién tich hinh phang gi6i han boi (C) va truc hoanh.
3) Dung db thi (C) tim diéu kién cua k dé phuong trinh:x* —2x> +& =0 (*), c6 4
nghiém phan biét.
WWW.YNMATH.COM

CAU II: (3 DIEM)

1.Ham sé, ptrinh, bit phwong trinh mii va logarit,

2.GTLN,GTNN. Nguyénham , tich phdn

1.Ham sé, ptrinh, bit phwong trinh mii va logarit,
1 4

Bai 1: Tinh A = 81'°857 1271830, 331088"
1 4
Bai 2: Tinh B = 16"°85% .glos% , 53loss 5
Bai 3: Biét: log,14=a, tinh logs 32
Bai 4: Tinh log;, 8 biét logy,3=a; log;,5=b
Bai 5: Tim tap xéac dinh cta cac ham sé sau y = 3(x - 1)
Bai 6: Tim tip xac dinh ctia cic ham sé sau y = (x? - 4x + 3) >

e \ A . . ) . \ A 2
Bai 7: Tim tap xac dinh cia cacham s6 sau y = —————
log,x - 3

Bai 8: Tim tap xac dinh ctia cac ham sbsau y = \/logz(xz - 2x+2)

Giai cac pt sau:
Bail1l: 22Xt 6 »x+7_ 14 Bai12: 1- 321" ¥ 123-2x_

log, 2
Bai13: c./4" -3.2% +9 894 _ 0 Bai 14: 2.16" -15.4* -8=0
Bai15: e/ 6.9" —13.6" +6.4* =0 Bai 16: 54" +2.25° -7.10* =0

Bai17: g/ (2+3) +(2-3) ~4=0Bai18: (3+ V5] +16(3-5) = 2%+
Bai19: 3 +x-4=0 Bai 20: x* - (3-2")x +2(1-27)=0
Bai2l: a/ In(x? —6x +7) =In(x —3) Bai22: lg(x2-6x +5)—lg(l-x)=0
Bai 23: 1g2x —3.1gx = lgx? — 4. Bai 24: log, (x+3)- log, (x+7)+2=0

WWW.VNMATH.COM www.VNMATH.com 12
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e 1 2 <. &y O x- 1 o)
Bai 25: + =1. Bai 26: log_&3" - 1=log_&3 -33=6
4—lgx  2+lgx & " 5% 5
Bai 27: logs x+logps x=10g072 \/3 Bai 28: —lg( x+1+1) =3
1g3x — 40

Bai 29:log2x + 10g4x + 10g8x =11. Bili30:log\/5x + log2(2x) + 10g4(4x) = 10g8(8x).

Giai cac bpt sau:

1 1

Bai 31: > Bai 32: 2.5° +3.57% =5
3 Wise-6 372
Bai 33: log (%~ 4x +6) < -2 Bai 34: log’ x +log x <0
2
2.GTLN,GTNN.

Tim gi4 tri 16n nhat va gia tri nhé nhat ciia ham sé

Bail. f(x)=2x"-3x>-12x+10 trén doan [-3; 3]

HD: T[I_lf;](f(X)=f(—1)=17 ; fgigl]f(X)=f(—3)=—35

Bai2. f(x)=x"+3x>-9x~-7 trén doan [-4; 3]

HD: I[I_lfg]if(x)=f(1)=—12 ; fgi;gl]f(x)=f(—3)=f(3) =20

Bai 3. f(x)=x"-3x>—4 trén doan Bﬁ} HD: rﬁan(X) =4 ; r[rllir}lf(x) =-8
27 27

Bai 4. f(x)=x"—6x"+9x trén doan [0; 4] HD: %ﬁ?f(x) =4 ; I[l(}ié‘l]lf(x) =0

Bai 5. f(x)=x"-3x>-9x+35 trén doan [-4; 4]

HD: f[{{‘{tj]if(x) =f(=1)=40 ; fgi;%f(x) = f(-4)=-41

Bai 6. f(x)=-x’+3x"+9x+2 trén doan [-2; 2]

HD: f[{lzaﬁf(X) =f(3)=29; f{lzi;%f(X) =f(-D=-3

2x-1

Bail. f(x)= 3 trén doan [0; 2] HD : I%lai(f(x)=f(0) =% ;
X — 0;2

min f(x) =/ (2) =3

Bai 8. f(x) =x—j trén doan [0; 4] HD: max /(x)=/(4) =%;
X 0;4

min f(x) = /(0) = -2

Bii9. f()=""""2 trendoan[-1;3]  HD: maxf(0)=/(3)="r ;

x+2 [-1:3] 5

f{llig]lf(x)=f(0)=1

WWW.VNMATH.COM www.VNMATH.com 13
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2 \
Bai 10. f(x):x T2 60 <x<3HD: y, =9; »,. khong ton tai
Bai1l. f(x )_ —xtl HD : max f(x)=3 : min /(x) =~
2 +x+1 D D 3

1

Bai 12. f(x)——x —— —% trén doan [-1; 1]

HD : max /()= £(0) =~ § min /()= /(=)= f(D =~

Bai 13. f(x)=x"-2x"+5 trén doan [-2; 3]

HD : r[r_lzaﬁf(X)Zf(3)=68 ; fgig}f(X)Zf(—l)Zf(l)=4

Bai 14. f(x)=x"-2x>+2 trén doan [—ﬁ;ﬁ ]

HD: max f(0=/(V3)=/(=B)=5: min f()=/(D=/=1

Bai 15. f(x)=x"-5x"+5x +1 trén doan [-1; 2]

HD : r[{lﬁlg](f(x)=2 ; P_lli%f(x)=—10

Bai 16. f(x)=+25-x" trén doan [-4; 4]

HD : max f(x)=f(0)=5 ; min f(x) = f(-4) = /(4) =3

Bai 17. f(x)=(3-x)Vx*+1 trén doan [0; 2]

HD : max /(x)= /(0)=3 ; min f()=f(2) =5

Bai 18. f(x)=x+1++4-x’

HD : max f(x)= f2)=242+1; min f(x) = /(-2) =1

Bai 19. f(x)=+4-2x trén doan [-1; 2] HD : r[r_lleg]cf(x):f(—l):6 ;

min /(x) = /(2) =0

Bai 20. f(x)=2x++5-x"

HD: max /()=/(=5; min, f@)=f(—5)=-25

Bai21. f(x)=+5-4x trén doan [-1; 1]HD : 1[1}1al>]<f(x)=f(—1)=3 ; %iﬁf(x):f(l):l
Bai22. f(x)=x++v4-x> HD: n_laxf(x)zf(\/z)z%/z ; fgi?]f(x)zf(—Z):—2

Bai23. f(x)=x+~y2-x* HD: e fx)=r1)=2; [%@%] f(x)=f(~2)==2

Bai 24. f(x)=2sinx+sin2x trén doan [0 37”}

HD : e = fU 3[ i )= f[ ]

Bai 25. f(x):2sinx—§sin x trén doan [0; 7]

WWW.VNMATH.COM www.VNMATH.com 14
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HD: ax r0 =7 (%)= 73] 22 i 1= £0)= 1) =0

Bai 26. f(x)=sin’ x+2sinx—3 HD : Pat t=sinx; -1<¢<1
Bai27. f(x)=+2cos2x+4sinx trén doan [0;%}
HD: max f(x)= f(%]ZZ\/E * min f(x)= £(0)=~2

" "

Bai 28. f(x)=cosx(1+sinx) trén doan [0;27]

HD : max f(x)= f(j el in /()= f( jz_ﬁ

4 4

Bii29. f(x)= """ trén doan [0;7[]
2+cosx
HD: lgga3<f<x)=f(%”j=@ : min 700 = £(0) = f () =0

Bai 30. f(x)=|x’~3x+2| trén doan [-10; 10] HD : max f(x)=132 5 min f(x)=0
Bai31. f(x)=|x’-2x+3 trén doan [0;2] ~ HD: max £(x)=3 ; min f(x)=2

Bdi32. f(x)=|x’

trén doan [-5;5] HD: liI_lsa.S)](f(x)=56 ; f{lsi%f(x)=0
Bai 33. f(x)=(x"-2x)e" trén doan [0; 3]
HD: max /()= /G)=3¢ 5 min /()= /(2)= (2-2v2)e”

Bai 34. f(x):lnz [Le’] HD: e f(x)= f(e)— ;fnuﬁ fx)=f1)=0
4
e" +1

HD :Patt=¢e¢"(t>0) GTNNchahsla3 dattaix=0

Bai 35. Tim GTNN ctia ham s f(x) =" +

Tinh tich phan

Bai 1. 15 tich phan ddi bién.
5

1/ Is1nx\/8cosx+1dx HD: bit t:\/8cosx+1:>KQ:%
0
2

p L . HD: Dit ¢ =cos’x+2 = KO =—
0 (cos x+2) 72
z r i

/ T sin 2x dx HD'T sin 2x dx B j- sin 2x dx

o\/4sin2x+0052x 0\/4sin2x+cos2x 0\/3sin2x+1
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bit t=+/3sin’x+1 :KQ:%

CcoS2Xx
sin 2x+1

4/

dx HD: bat t:sin2x+1:>KQ:—%(——l)

ANy

5/ j sin 2x(1 +sin x)? dx

2

HD:I sin 2x(1 +sin x)* dx = I 2sinx.cos x(1+sinx)* dx Pit ¢=sinx = KQ :—%7
2 2
< In® x+2
6/j dx HD: Pit t=Inx= KQ=8
X
1
7/ TL HD: Pt ¢=3/Inx+1 :>KQ—2
1x.%/lnerl S 2
e3
Inx dx 14
8/ | —— HD: Bit t=vInx+1= KQ=—-2
‘!.x.\/lnx+1 ' Q 3
22
9/ [ dx HD: Pit t=vx +1= KQ=2
0\/x3+1 3
3
10/Ix.\/x+1dx HD: bit t:\/x+1:>KQ:%
0
4 tanx+2
w [ & HD: Dit ¢=tanx+2= KQ=¢'—¢’
, Cos"x
4 e\/}_1
12/ | dx HD: Piat t=+x-1= KQ=2(e-1)
L Vx
2 2 2
13/I sin® x.cos? x dx HD: I sin’ x.cos® xdx = j sin x.(1—cos® x) cos® x dx
0 0 0
bat tzcosx:KQz%
In2 In2 In2 &
14/ | ax HD: | ax =[= Y Bt t=e' +1= KQ=In>
) 1+e™ o 1+te ™ e+l 2
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Bai 2. 10 tich phan tirng phan:

(4x +5)sin2xdx

(3x—2).cos3xdx

5 m\a'—.a o'—.m‘

3/ I2xe dx
In2

3

4/ j(xz +1).e*" dx
0
2

5/ .[ (3x—4).e " dx
2

6/ J(6x2 +5)In x dx
1

2
7/ [ (3% +2x)In(x+2)
0

2
Sljln(le)dx

3
9/ j [In(x —1) — In(x +1)] dx
2

WWW.VNMATH.COM

bit t=1+tan2x:>KQ:§

=4x+5
HD: Pat 4 S KO =74+
dv =sin2xdx 2
=3x-2
HD: Pat { ' —~Kk0=2_
dv =cos3xdx 2
u=2x
HD: bat 3 = KQ=10In5-4In2-6
dv=e’"dx
2
HD: pat 4 " = ko =13¢ =3
dv = e** dx 4
u=3x—4 i P
HD: Pit ) — kp=_1¢ =3
dv=e"d 4
u=Inx 29
HD: bat 5 = KQ=26In2——
dv =(6x"+5)dx 3
u=In(x+2
HD: bat 2( ) :>KQ—121n8+ﬂ
dv=(3x"+2x)dx 3
u=In(x+1)
HD: bat dx :>1<Q211nﬁ
S dv=— 227
x
3 3 3 7
HD: j[ln(x—l)—ln(xﬂ)]dx:jln(x—1)dx—j1n(x+1)dx =A+B = KQ=In—
2 2 2
U =COoSX ™
HD: Pit — ko= "1
dv=e*dx 2

10/ Iex cosxdx

Bz‘li 3. 10 cau tich phan khac.

I/J- 2x+3

WWW.VNMATH.C oM
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5 9 5
HD: jﬂdx:j(x—ni)dx:>KQ=1—5+21n4
5 x—1 x—1 2
1
2 [0 g
0 X —-x-2
¢ 4x-5 L
HD: Pt [————dx=( +—)dx:>KQ 2In2
Ox —-x-2 o X~ 2 x+1
In3
3/
'[e —8¢™
In3 In3 X
D [— T i o kgl
0 e’ —8e ¥ -2 0 € Y _2¢" -8 2

3 3 3
dx dx 4dx
4 | —————— HD: = = KO =43
;[ sin” x.cos” x ;[ sin” x.cos” x ;[ sin® 2x e
6 6 6
8 8 8 1 B
5/_[ sin3xsin Sxdx HD:_[ sin3xsin5xdx‘[ E(cos2x—c058x)dx :>KQ:§(\/5—1+T)
12 12 12
z 7 z z
31+ cosx 31+ cosx 3 odx } cosx
6/ [——dr HD: [——"dx=[—F—+[——dx=>KQ=1-3+2
> sin“x 7 sin“x Fsin“x ;7 sin“x
4 4 4 4
2 2 1 2
7/ ﬂxz—x‘ dx HD: bat Hx2—x‘ dx:j—(xz—x) dx+.[(x2—x) dx = KQ =1
0 0 0 1
T xdx NP 11
8/ | ——— HD: bat ¢= 1 => KQ=—-4In2
'1[1+\/x—1 ' Q 3

1
9/ [ x(e™ +3x” +1)dx
0
1 . 1 ,
D: Ix(ezx ++/3x2 +1)dx = Ixezxdx+jx\/3x2 +1dx = KQ :%4.%
0 0 0

b
10/ I cos x.In(sin x +1) dx
0

2
HD:Pit=sinx +1 cosx.In(sin x +1) dx =J.1ntdt — KQ=2In2-1

S 0| N

WWW.VNMATH.COM www.VNMATH.com
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CAU III: (1 BPIEM) BAI TAP HINH HQC KHONG GIAN
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Bai 1.Cho hinh chép S.ABC ¢6 SA vudng goc voi mat day (ABC) va mat phﬁng
(SBC) vudng goc vo1 mat phang (SAB),Goc gitta SB va mét phang (ABC) banga
(0<a<90°).SB = av2 va goc BCS =45’

1.Tinh khoang cach tir A dén mat phéng (SBC) Kq : d(4,(SBC)) =

asin2a
V2
2.Chimg minh BC vudng goc voi mit phang (SAB) va cac mat cta hinh chop 1a tam
giac vuong.
3.Tinh theo a, « thé tich ctia khdi chép S.ABC.Tim « sao cho thé tich 16n nhat.

3 : ,
V= EXEEE oV I6n nhdt <> =7
Bai 2.Cho hinh chép S.ABCD c6 dady ABCD la hinh vuong tam O canh a.SA vuong
goc voi (ABCD) va SA = 2a. 7 ,
I,J 1an luot 1a trong tdm cua tam giac ABC,ADC. Goi V, la thé tich khéi chop S.AlJ va
V, 1a thé tich khdi chop S.ABCD.Tinh ty s6 : % Kq: % :é

2 2

Bai 3.Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat. Biét
AB=a; AD =a3; SA=a+3 va SA vudng goc v6i (ABCD).

a)Tinh thé tich khdi chép S.ABCD theo a. Kq: ¥V pop =a°
b)Goi I 14 trung diém cia SC.Ching minh I'a tam mat cau (S)ngoai tiép hinh chop
S.ABCD.Tinh dién tich mat cau (S). Kq:S=10z.ad’

¢) Tinh khoang cach tir A dén mit phing (SBD) Kq : d(A,SBD) = 3a

J15
Bai 4. Cho hinh chop S.ABCD day 1a hinh chir nhat. Biét SA=AB=a, AD =2a,
SA L (ABCD)

a) Tinh thé tich cta hinh chép S.ABCD Kq:V= %f

b) Tim tdm va tinh ban kinh mit cdu ngoai tiép hinh chop S.ABCD Kq:r=

a\/6
-

Bai 5.Cho hinh chop S.ABC c6 day 1a tam gidac ABC vudng tai B, duong thang SA

vudng goc voi mp ( ABC), biét AB = a, BC = a3 va SA = 3a.

a’\3

a)Tinh thé tich khdi chop S.ABC theo a Kq:V= 5

b)Goi I 1a trung diém cua canh SC, tinh d6 dai doan BI theo a. Kq: BI=

av13
2

Bai 6. Cho lang try tam giac déu ABC.A’B’C’ c6 AB=a va A’B=4+/5.
a)Goi M la trung diém cua canh CC’ va cat lang try theo hai mat phang (MAB) ,
(MA’B’) ta dugc ba khoi chop dinh M. Hay goi tén ba khoi chop do

WWW.VNMATH.COM www.VNMATH.com 19



SimpolPbE i GNaHd SEH T g MeHRC R SR hrtpGMiviRe. ditdeisdr. BB T Chu Van An
WWW.VNMATH.COM

b)Tinh thé tich ba khéi chop noi trén.
a3 s a’\3
Kq‘ VM‘A/B/C/ =V ape = 12 Va VM.ABB/A/ - 3
Bai 7. Cho khéi chop tam giac S.ABC c6 day AABC vudng tai A, AB=a, goc C
bang 30° , canh bén SB vudng goc voi mit ddy va SC tao véi mit day mot goc 45°.

. . 3
a/ Tinh thé tich khoi chdp tam gidc S.ABC Kq: Vs o =2 ;/E

b/ Goi A’ 14 hinh chiéu vudng goc ciia B trén SA va C’eSC sao cho SC =3SC’ .
Tinh thé tich tt dién SBA’C’ va khoang cach tir diém C” dén mp(SAB)

/ 4a3\/§ 3
45

Kq: Vspac = va d( C'(SAB)) = "T

¢/. Tim tAm va ban kinh mat cau ngoai tiép hinh chop S.ABC. r = a2

Bdi 8: Cho khoi chop tir giac S.ABCD day hinh vudng canh bang a, canh bén SA L
(ABCD), goc giira canh bén SC va mit day bang 45°.
a*\2

a/ Tinh thé tich khoi chop tr gidc S.ABCD Kq: Vy pep = 3
b/ Mit phang di qua A va vudng goc voi SC cit SB,SC,SD lan luot tai B’,C’,D’.

. . 3
Tinh thé tich khoi chop S.AB’C’D” KQ: V¥, .. = a 9*/5
Bai 9. Cho hinh chép tir gidc déu S.ABCD ¢6 canh day a ,canh bén #.
1 a*\3

1) Tinh thé tich khdi chop S.ABCD. KQ:=7 = JBh="

2) Tinh goc gitta mit bén va mat day. Kq: 60°. ‘
3) Tim tdm va ban kinh mat cau (S) ngoai tiép hinh chop va tinh dién tich mat cau (S).
B 5a\3 q= 257 a’

Kq: r=
12 12 ’
4) Tinh dién tich xung quanh cda hinh n6n c6 dinh S va duong tron day noi ti€p day
2
cua hinh chop. Kq:S= ﬂ-za

Bai 10. Cho hinh chép tit gidc déu S.ABCD c6 canh ddy bing 2a, canh bén hdp véi
mit ddy mot géc biang 45° .

3
a. Tinh th€ tich ctia khdi chép S.ABCD theo a. Kq.V = 4\/3‘1
b. Goi E 1a di€m thudc canh SC sao cho SE = 2 EC , tinh thé tich kh&i t¢ dién
3
SABE theo a . Kq:V= 4*/9561

c. Xé4c dinh tim va tinh bdn kinh mit ciu ngoai ti€p hinh chép S.ABCD theo a .
Kq:R= a2

Bai 11 : Cho hinh chop tam giac déu S.ABC c6 canh day la a va canh bén la 2a.

a/ Tinh thé tich khoi chép S.ABC
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b/ Xac dinh tim va tinh ban kinh mat ciu noi, ngoai tiép hinh chop S.ABC
Huéng dan: b/ E 1a trung diém cua BC. Trong tam gidc SOE, tim Ksi 12 giao diém
cua SO va duong phan giac goc SEO
Trong tam giac SOA, tdm I ngoai 13 giao diém ctia SO va dudng trung truc ciia doan
SA.
Bai 12 : Cho hinh chop tir gidc déu S.ABCD c6 canh d4y 13 a va canh bén 13 2a.
a/ Tinh thé tich khéi chop S.ABCD
b/ Xac dinh tdm va tinh ban kinh mat cau noi, ngoai tiép hinh chop S.ABCD
Huéng dan: b/ E 1a trung diém ctia BC. Trong tam gidc SOE, tim K, 12 giao diém
cua SO va duong phan giac goc SEO
Trong tam gidc SOA, tim Ingoai 14 giao diém cta SO va dudng trung tryc ciia doan
SA.
Bai 13 : Cho hinh chép tam giac S.ABC c6 day ABC vudng tai B va AB=a; AC=2a;
SA vudng goc voi mit phing (ABC); goc ctua SB va (ABC) bang 60° .
a/ Tinh thé tich khdi chép S.ABC
b/ Goi AH, AK lan luot 13 dudng cao ctia tam gidc SAB, SAC. Chimg minh SC vudng
goc voi mp (AHK) va tinh thé tich khoi chop S.AHK.
Hudng dan: b/ c.m AH vuong géc (SBC), SC vuong goc (AHK)

Tinh AH, AK, SK suy ra thé tich khéi chop S.AHK.

Bai 14 : Cho hinh chop tir giac S.ABCD c6 ddy ABCD 1a hinh vudng canh a; SA
vudng goc v6i mit phang (ABCD); goc ciia SB va (ABCD) bang 60° .
a/ Tinh thé tich khdi chép S.ABCD
b/ Goi AH, AK lan luot 1a duong cao cua tam giac SAB, SAD. Ching minh SC vudng
goc voi mp (AHK) tai E va tinh thé tich khéi chop S.AHEK.
Huéng dan: a/ SA= AB.tan60’

b/ c.m AH vuong géc (SBC), AK vudng goc (SCD)

c.m HK song song BD suy ra HK vudng goc AE. Suy ra thé tich khoi

chop S.AHEK=1/3.(1/2AE.HK).SE
Bai 15 : Cho hinh hp chit nhat c6 ba kich thuéc 14 a, 2a, 3a. Tinh thé tich khoi hinh
hop va dudng chéo cua hinh hop.
Huéng dan: V=1/3 abc va d* = a>+b*+c’
Bai 16 : Cho hinh lap phuong c6 canh bang a.
a/ Tinh thé tich khdi 14p phuong .
b/ Xéc dinh tAm va tinh ban kinh mat cau noi, ngoai tiép hinh 1ap phuong.
Huéng dan: Tam 1a giao diém 4 duong chéo cua linh 1ap phuong.

Bai 17 : Cho hinh chép tam gidc S.ABC c6 ABC la tam giac déu canh a va SA vudng

gdc v6i mat phang (ABC) cho SB = a+/3. Goi I 1a trung diém ctia BC.

a/ Tinh thé tich khdi chép S.ABC va ching minh (SBC) vuéng goc voi (SAID).

b/ Xac dinh tam va tinh ban kinh mat cau ngoai tiép hinh chop S.ABC

Huéng dan: a/ Tinh SA suy ra thé tich khéi chop S.ABC c.m BC vudng goc (SAI)
b/ Trong tam gidc SAI, tam K 1a giao di63m cua truc tam gidc ABC va

duodng trung truc ctia doan SA.
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Bai 18 : Cho hinh chop tam gidc S.ABC c6 SA, SB, SC d61 mot vudng goc vl
nhau. Goi H 1a tryc tam tam giac ABC.
a/ Chung minh SH vudng goc vé1 mp(ABC).
b/ Cho SA= a; SB=a+/3; SC= 2a. X4c dinh va tinh géc cta hai mit phang (SBC) va
(ABC).
Hudng dan: a/ c.m BC vudng goc (SAH) va AC vudng goc (SBH).

b/ Tinh SI suy ra tanSIA.
Bai 19 : Cho hinh chop tur gidc S.ABCD c6 day ABCD la hinh thang can (day lon
AD) ¢6 AD = 2BC=a. Tam giac SAD vudng cén tai A; goi M 1a trung diém cua AB.
Xéc dinh va tinh dién tich thiét dién ctia hinh chop va mit phang (P) di qua M va song
song v&1 mp(SAD).
Hudng dan: Thiét dién 14 hinh thang vuéng MNEF c6 S= Y%(MN+EF).MF
Bai 20 : Cho hinh chép tam gidc S.ABC c6 SA=a, BC=2ava SA vuong goc voi BC.
Goi M 1a trung diém ciia AB. Xéc dinh va tinh dién tich thiét dién cta hinh chép va
mat phang (P) di qua M, song song vdi SA, BC.
Huéng dan: Thiét dién 14 hinh chit nhat MNEF c¢6 S= MN.MF

CAU IVa: (2 DIEM)
Toa dé diém, vecto, mdt cau. phwong trinh mdt phing, duong thang Tinh goc,

khodng cdch. vi tri twong déi ciia dwong thing, mdt phing, mdt ciu
WWW.VNMATH.COM

Bai 1: Cho A(1; 3; 1), B(0; 1; 2), C(0; 0; 1)
a. Cm A, B, C khong thang hang.

b. Tim D sao cho tir gidc ABCD 1a hinh binh hanh. BS D(1; 2; 0)

Bai 2: Cho A(1; 3;-2), B(-1; 1; 2), C(1; 1; -4)
x=1-t
a. Viét ptts cac dudng trung tuyén cta tam giac ABC.DS: AM: {y=3-2t
=2+t
x=1-2t
b. Viét ptts cac duong AB, AC,BC.  PS:  AB: |y=3-2t
7z=-2+4t

Bai 3: Cho A(1; 3; 1), B(2; 1; 2), C(0; 2; -6)
c. Tim G la trong tdm tam gidc ABC.  DS: G(1;2; -1)
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x=1+t
d. Viét ptts duong thang qua G va song song vdi AB. PS:{y=2-2t
z=—1+t

Bai 4: Cho A(5; 1; 3), B(1; 6; 2), C(5; 0; 4), D(4; 0; 6)
a. Viét phuong trinh cac mat phang (ACD), (BCD).

bS: (ACD):2x+y+z-14=0. (BCD): 18x+4y+9z-126=0.
b. Viét phuong trinh méat phang (o) di qua AB va song song véi CD.

bS: (a):10x+9y+5z-74=0.
Bai 5: Cho A(5; 1; 3), B(1; 6; 2), C(WS; 0; 4), D(4; 0; 6)
a. Viét phuong trinh cac mat phang (ABC). BS: (ABC): x+y+z-9=0.

b. Viét phuong trinh mat phang di qua D va song song véi mp(ABC).
bS: x+y+z-10=0.
Bai 6: Cho A(5; 1; 3), B(1; 6; 2), C(5; 0; 4), D(4; 0; 6)
x=5+4t
a. Viét ptts duong thiang qua A va song song v6i BC. BS: {y=1-6t
z=3+2t
x=5+18t
b. Viét ptts duong thang qua A va vudng goc véi mp(BCD).DS:{y =1+4t
z=3+9t

Bai 7: Viét phuong trinh mat phang (o) q
a. DPiqua A(1;2; 3) va song song vo1 cac mat phang toa do.

bS: x-1=0; y—-2=0; z—3=0. 9
b. Diqua A(1; 2; 3) va song song v&i mat phang : x +y +z=0.

bS: (0):x+y+z-6=0.
Bai 8: Viét phuong trinh mat phang (o) 7
a. Diqua A(1;2;3), B(1; 6; 2) va vuong goc véi mdt phang : 3x +y +2z=0.

b. Bi qua M(3; 1; -1), N(2; -1; 4) va vgoc v6i mat phang : 2x -y +3z- 1 =0.

bS: -x+13y+5z-5=0.
Bai 9: Viét ptts duong thang
X =—2+2t

a. Diqua A(-2; 3; 1) va c6 vecto chi phuong a = (2; 0; 3) BS{y=3
z=1+3t
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x=1+2t
b. Pi qua A(4; 3; 1) va song song voi dudng thang {y=-3t
z=3+2t
x =442t
bS {y=3-3t
z=1+2t

Bai 10: Viét ptts duong thang q
a. Diqua A(-2; 1; 0) va vudng goc voi mat phang : x +2y -2z + 1 =0.

X=-2+t

bS y=1+2t

z=-2t
x=t
b. Diqua B(0; 3; 1) va song song voi truc Ox. DS (y=3
z=1

Bai 11:
a. Lap phuong trinh mat cau (S) ¢6 tdm I(5; -3; 7) va di qua M(1; 0; 7).

DS (x-57+(y+3)’+(z-7)7=25 ‘
b. Viét phuong trinh mat phang tiép xuc véi mat cau (S) tai M.

bS: -4x+3y+4=0.
Bai 12: Lap phuong trinh mat cau (S) biét:
a. Puong kinh AB v6i A(1; 2; 3), B(3; 2; 1)
DS X’+y +7 —4x —4y—4z+10=0

b. Tam I(1; 1; 1) va tiép xtic mat phang (o) : 3y +4z+1=0.

BS  (x- Y +(y- 1)+ (z-1)'= 2
Bai 13: ‘ , o
a. Lap phuong trinh mat cau (S) c6 tam I(-2; 1; 1) va ti€p xtic mat phang (a) :
X+2y—-2z+5=0. DS (x+2P+(y-1*+(z-1)P=1.
b. Viét phuong trinh mit phing di qua tdm I(-2; 1; 1) va song song véi mit phang
(a). BS: x+2y-2z+ 2=0.

Bai 14 : Cho mit cdu (S): X +y* +2°—9=0

a. Tim tdm va ban kinh mat cau. BS tam [(0; 0; 0) vaR =3

b. Viét phuong trinh mit phang (o) tiép xtic voi mat cau (S) va song song voi
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mat phang : x +2y —2z+ 15=0.
BS (0):x+2y-2z-9=0va x+2y-22+9=0.
Bai 15: Cho A(1; -1; 3), B(3; 0; 1), C(0; 4; 5)
a. Viét phuong trinh mit phang (ABC). BS: (ABC): 12x- 2y + 11z-47=0.

b. Viét phuong trinh mit phing (o) di qua OA va vudng géc voi mit phang :
x+ty+z =0. BS (0):2x -y -z=0

Bai 16: Cho A(1; -1; 3), B(3; 0; 1), C(0; 4; 5)
a. Viét phuong trinh mat phang (o) di qua C va vuong géc voi AB.

bS: 2x+y-2z+6=0. w
b. Viét ptts dudng thang di qua C va vudng gdc voi mat phang (o).

x =2t
DS {y=4+t
z=5-2t
Bai 17: Cho A(1; -1; 3), B(3; 0; 1), C(0; 4; 5)
a. Viét phuong trinh mat phang (a) di qua A va vuong goéc voi BC.

bS: -3x+4y+ 4z- 5=0.

b. Tinh khoang cach tir B dén mat phing (). DS d = %
xs R . P 2 ox-1_y-7 z-3
Bai 18: Cho mat phang (o) : 3x — 2y —z + 5 =0 va duong thang A: =TT T2

a. Chung to A song song voi (o).

b.Tinh khoang cach gitra A va (a). bS d= %

Bai 19: Cho mit phang (o) : 2x — 2y + z + 3 = 0 va duong thang A:
x+3 y+1_ z+1
2 3 2
a. Chung to A song song voi (o)

b. Tinh khoang cach gitra A va (a). bS d= %

Bai 20: Viét ptts duong thang
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Xx=5+2t
a. i qua M(5; 4; 1) va co6 vecto chi phuong a= (2;-3; 1) BS{y=4-3t
z=1+t

x=1+2t
b. Bi qua N(2; 0; -3) va song song voi dudng thing {y=-3+3t
z=4t

Xx=2+2t
bS (y=3t
z=-3+4t
Bai 21: Viét ptts duong thang 7
a. Piqua A(2;-1; 3) va vudng goc voi mat phang : x +y—-z+5=0.
X =2+t
BS{y=-1+t
z=3-t

X =144t
b. Diqua P(1; 2; 3) va Q(5; 4;4). BS y=2+2t

z=3+t

Xx=2+t
Bai 22: Cho diém A(1; 0; 0) va duong thang A: {y=1+2t
z=1
1

a. Tim toa d6 H 13 hinh chiéu vgoc cta A trén dthang A.  DS: H(% ; 0; _3)
b. Timtoadd A d6i xtimg voi A qua dudng thang A. PS: A (2;0;-1)

Bai 23: Cho diém M(1; 4; 2) va mit phang (a): x+y+z —1=0.
a. Tim toa do H 1a hinh chiéu vgoc ctia M trén mphang (o). DS: H(-1; 2; 0)

b. Timtoadd M ddi xting v6i M qua mit phang (). PS: M (-3;0; -2)

Bai 24: Cho diém M(1; 4; 2) va mit phing (a): x+y+z —1=0.
a. Tinh khoang cach tir M dén mit phang (a). DS d=243
b. Viét ptrinh mphang di qua M va ssong v6i mit phang (a)DS x +y +z-7=0.
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Bai 25: ‘
a. Lap phuong trinh mat cau (S) c6 duong kinh AB v6i A(6; 2; -5), B(-4; 0; 7).

DS (x-1) +(y-1)° +(z- 1)° = 62.
b. Viét phuong trinh mit phing (o) tiép xuc v6i mat cau (S) tai A.

bS (o):5x +y -6z -62=0.
Bai 26: Qho A(-2; 6; 3), B(1; 0; 6), Q(O; 2;-1),D(1; 4; 0)
a. Viét phuong trinh cdc mat phang (ABD), (BCD).

bS (ABD):4x + 3y +2z -16=0. (BCD) 8x- 3y-2z+4=0.
b. Viét phuong trinh mét phang (o) di qua AB va song song vdi CD.

BS (o):-x +z -5=0.
Bai 27: Qho A(-2; 6; 3), B(1; 0; 6), C(0; 2; -1), D(1; 4; 0)
a. Viét ptrinh mphang di qua D va ssong voi mp(ABC).DS 2x + y -6=0.

b. Tim goc o giita hai duong thang AB va CD. DS coso. = %

Bai 28: Cho A(-2; 6; 3), B(1; 0; 6), C(0; 2; -1), D(1; 4; 0)
a. Viét phuong trinh mat phang (BCD). BS (BCD):8x - 3y -2z +4=0.

b. Tinh d6 dai dudong cao ctua hinh chép ABCD.BS d = %
x=12+4t
Bai 29: Cho mit phang (a) : 3x + 5y —z — 2 = 0 va duong thang d: y=9+3t
z=1+t

a. Tim giao diém M cia duong thang d va mit phang (o). DS: M(0; 0; -2)
b. Viét ptrinh mit phang (B) chia diém M va vudng goc voi dudng thang d.
bS: (B) 4x+ 3y+z+2=0.

x=1+3t
Bai 30: Cho diém A(-1; 2; -3), vecto a= (6; -2; -3) va duong théng d: y=—-1+2t
z=3-5t
a. Viét phuong trinh mit phang (o) di qua A va vudng goc véi a.

bS (a):6x -2y -3z +1=0.
b. Tim giao diém M ciia duong thang d va mit phang (a). bS: M(1; -1; 3)
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WWW.VNMATH.COM
Bai 1) Tim m6 dun ciia s6 phtic : z =3 + 2i + (1+i)°. Kq:|z| =
Bai 2) Tim m6 dun cua sb phic : z=4 - 3i + (1- i)’ Kq:|z| = +29
Bai3)Cho:z= ﬁ Tim mo dun cua sd phic z. Kq:|z| =
+1 —1

2
Bai4) Cho:z= ((31:?; _g;l)) Tim mo dun cia sé phuc lién hgp. Kq:|z|=13

1) — l

Bai 5) a) Chu:ng minh : *" =(-1)*i (keN) va i =(=1)" (keN)
b)Gia str: Z, =i* +i*" ;keN.Tinhtong: Z, +Z,,

Bai 6) Tim 2 s6 thuc a,b sao cho : (a-2bi)(2a+bi) =2 + %i Kq:

(M)
V2T N2 22
Bai 7) Tim 2 s6 thuc x,y sao cho : z; = 9y* — 4 — 10x.i’ = z, = 8y* +20i"
Kq: (-2,2),(-2,-2)
Bai 8) Cho : z=(1++/2i)> Tim |z | Kq:|z|=3
Bai 9) Tim 2 s6 thuc x,y sao cho : 2x +1 + (1- 2y)i=2-x + 3y —2)i Kq: (%,%)

Bai 10)Cho 2 s6 phtic : z, =3 +2ivaz, =2+ 31 C/m : z,z, =z, .z,

Bai 11)Cho 2 sé phiic : z, =(—%+i?)3 va z, :(l+i£)3 Tinh:z,.z, Kq:-1

.. 1+i)°

Bai 12) Choz = ( Tinh |z Kq: |z
Bai 12) =0 2] q:lzl= 2\/—
Bai 13) Tim 2 s6 thuc x,y biét : (x> -3x) + 161 =10 + 8yi Kq : (5,2).(-2,2)
Bai 14)Tim sd phtic z ¢6 phan thuc va phan ao bang nhau va |z| = 242

Kq:z=+£2+2i
Bai 15)Giai PT sau trén tap s6 phtic : 3x° +x+2=0 Kq: x =—%iig
Bai 16) Giai PT sau trén tap sd phtc : x* +2x* —3 =0 Kq: +1,+i/3
Bai 17) Giai PT sau trén tap sd phtic : x’ — 8 =0 Kq: 2,-1+i\3
Bai 18) Giai PT sau trén tap s6 phirc : x° + 8 =0 Kq:-2,1+iV3

Bai 19)Giai PT sau trén tap sd phuc : 2x° — 5x+4 =0Kq : %ii? ( TN. 2006)

Bai 20) Giai PT sau trén tip s phuc : x* — 4x+7 =0 Kq: 2+i3 ( TN. 2007)

Bai 21) Giai PT : z= 7> v6i z Ia s phic. Kq: z= _% £, ~12=0
Bai 22)Tim s6 phtic z sao cho : 2’ =i Kq:z=-1,z= 173+%i
Bai 23) Tim s phirc z sao cho : z* = -3 + 4i Kq:z=+(1+2i)
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Bai 24) Tim s6 phirc z sao cho : z* = -5 + 12i Kq:z=+2+3i)
Bai 25) Tim s6 phirc z sao cho: z° = 1 + 4i/3 Kq:z=+Q2+i3)
Bai 26) Tim s6 phirc z sao cho: z° =1 - 2i/2 Kq:z=-V2+iv2+i
NG

Bii 27) Cho s6 phic 7 = —%H‘T.Tinh A, PVAA= 142+ kq:A=0

Bai 28) Tim s6 phtc z, biét |2/ = 3410 va phan 4o cua z bing 3 lan phan thyc cia né.
Bai 29) Tim 2 s6 phirc biét tong cta chiing bang 2 va tich cta chiing bang 2

Kq: 1+
Bai 30) Giai PT : (1-i)z + (2-i)* =2 +3i Kq:z=-4+3i
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10 PE TU ON THI TOT NGHIEP THPT
Thot gian : 150 phat

Cau 1:(3d)

1/ Khao sat su bién thién va v& do thi (C) ctia hdm s6 y =x° — 3x.

2/ Viét phuong trinh duong thang di qua diém cuc dai va diém cuc tiéu cta do thi (C).
3/ Dya vao dd thi (C), bién luan ) nghiém cua phuong trinh sau theo m:
x’=3x-m=0

Cau 2: (3d)

1/ Giai phuong trinh: 27" +12* =2.8"

1
2/ Tinh tich phan: 7 = I(Zx — De™dx
0

xZ 42 +2
x +1

2/ Tim GTLN, GTNN ciia ham s6 y = . trén doan B;z}

Cau 3: (1d)

Giai phuong trinh sau trén tap hop sé phitc: x> —6x +10 = 0

Cau 4: (1d)

Cho khdi chop tir giac déu S.ABCD ¢6 canh day bang « va canh bén bang a2 .
1/ Tinh thé tich ctia hinh chép di cho.

2/ Tinh khoang cach giita hai dudng thang AC va SB.

Cau 5: (2d)

Trong khong gian Oxyz cho hai duong thang:

x=2+2t x=1
Aiqy=—1+t Ay:qy=1+t
z=1 z=3—t¢

1/ Viét phuong trinh mat phang(a) di qua goc toa dd O va vudng goc voi (A)
2/ Viét phuong trinh mit phang () chua (A,) va song song (A,).

Dé so 2

Cau 1:(3d)

Cho ham sd y = —x* +3x? +1 ¢6 dd thi (C)

1/ Khao sat va v& d6 thi (C).

2/ Viét phuong trinh tiép tuyén cua do thi (C) tai A(3;1).

3/ Dung db thi (C) dinh k dé phuong trinh sau c¢6 dung 3 nghiém phan biét:
-3t +k=0.

Cau 2: (3d)
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1/ Tinh tich phansau: I = T(l + sin x) cosxdx
0

2/ Giai phuong trinh sau : 4 —5.2" +4=0
3/ Tim gié tri 16n nhat va gia tri nho nhét cua ham sd: f(x) =x —e*, trén doan [-1;0]
Cau 3: (1d)
Giai phuong trinh sau trén tap hop s phirc: x% +2x +17 =0
Cau 4: (1d)
Cho khdi chép tir giac déu S.ABCD va O 1a tim cua day ABCD. Goi I 14 trung diém
canh day CD.
1/ Chtrng minh rang CD vudng goc vi miat phang (SI0).
2/ Gia sit SO = h va mat bén tao vaoi day caa hinh chop mot goc « . Tinh theo 4 va «
thé tich ctia khdi chop S.4BCD.
Cau 5: (2d)
Trong khéng gian véi hé truc Oxyz, cho A(1; 2; 3) va duong thang d c6 phuong trinh:
x—-1 y+1 z-1

2 1 2
1/ Viét phuong trinh mit phang « qua A va vudng goc d.
2/ Tim toa d6 giao diém ctia d va mit phang « .

Péso 3

Cau 1:( 3d)

Cho ham s6 y = —x> + 3x =2, ¢6 dd thi 1a (C).

1/ Khao sat sy bién thién va vé& d6 thi (C) ciia ham sb.

2/ Viét phuong trinh tiép tuyén voi dd thi (C)ctia ham sé biét tiép tuyén song song voi
duong thang y = —9x +2009.

3/ Tinh dién tich hinh phang gii han bai d6 thi (C) va truc Ox.

Cau 2: (3d)

1/ Tinh tich phan: = J'
0

dx

\/1+3x

2/ Giai bat phuong trinh: log,(x —3) +log,(x —2) <1

3/ Tim gia tri 16n nhat va gia tri nho nhat ctia ham sé: f(x) = (x* - 2x)e* trén doan ®:3p
Cau 3: (1d) ,

Giai phuong trinhx® —4x +9 = 0, trén tap so phtrc.

Céu 4: (1d) ‘ ‘

Cho khoi chop tir giac déu SABCD c6 canh day bang a , goc gitta mat va mat day 60°.
Tinh thé tich khoi chép S.ABCD theo a .

Cau 5: (2d)
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Trong khong gian v6i hé toa d6 Oxyz cho diém A(2; 0; 1), duong théng A:

x=1+¢
y =2  vamitphang (P): 2x =y +z +1=0.
z =2+t

1/ Viét phuong trinh duong thang di qua qua diém A va vudng goc voi mit phang (P).
2/ Viét phuong trinh mat phang di qua qua diém A va vudng goc v4i duong thang A.

DPé s6 4
Cau 1:( 3d)
Cho ham sb y = f(x) =x* = 3x - 1 (©)
1/ Khao sat su bién thién va v& dd thi (C) ctia ham sb.
2/ Bién luan theo k s6 nghiém cua phuong trinh x* —3x —k =0
3/ Viét phuong trinh tiép tuyén voi do thi (C), biét tiép tuyén vudng goc voi dudng
2 X
thang y = 3

Cau 2: (3d)

V4

2
1/ Tinh tich phan sau: I = J' (2x —1).cosxdx
0

2/ Giai phuong trinh : log,x(x +2) = 1.
3/ Tim tap xacdinh cua cac ham sb sau:
=Ig(x* —3x +3) b. y =+/3%" —1
Cau 3: (1d)
Giai phuong trinh : x2 +2x + 3 = 0 trén tap sO phuc.

Cau 4: (1d)

Cho khéi chop déu S.ABCD c6 canh day bang a, goc S4C =45° .

1/ Tinh thé tich hinh chéop.

2/ Tinh thé tich mit cau ngoai tiép hinh chép S.ABCD.

Cau 5: (2d)

Trong khong gian v6i h¢ toa do Oxyz cho ba diém: A(2,-1, 3), B4, 0, 1), C(-10, 5, 3)
1/ Viét phuong di trinh mat phang qua ba diém A, B, C

2/ Viét phuong trinh tham sé duong thang A vudng goc mat phang (ABC) tai trong
tam G cua tam giac ABC.

Pésd 5
Cau 1:( 3d)
Cho ham s6 y = 2x—+11 dd thi (C).
—

1/ Khéo sat va v& db thi (C) cua ham sd.
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2/ Tim m dé duong thang d:y = —x +m cit (C) tai hai diém phan biét A, B. Thiét lap
h¢ thtrc lién hé toa d cua A va B doc 1ap voi m .

3/ Goi (H) 1a hinh phang gi6i han boi (C) va hai truc toa do.

a/ Tinh dién tich (H)

b/ Tinh thé tich vat thé tron xoay tao ra khi (H) quay mdt vong quanh truc Ox.

Cau 2: (3d)

1/ Giai phuong trinh : logz(x —-3)+log,(x —1) =3

2/ Tinh tich phan : I = .f

: (x + 2)
3/ Tim gi4 tri 16n nhat va nho nhat cia ham s y =x* —3x> 4 trén doan [1;4]
Cau 3: (1d) Giai phuong trinh : f*f - = ‘; 3
—1 +1

Cau 4: (1d)

Cho khéi chop S.ABCD c6 day ABCD 1a hinh vudng canh a . S4 vudng géc voi mat
phang (ABCD) va SA = 2a .

1/ Chimg minh BD vuéng goc véi mit phang (SAC).

2/ Tinh thé tich khéi chop S.BCD theo a .

Cau 5: (2d)

Trong khong gian cho hai diém A(1; 0; —2) , B(—1; —1; 3) va mat phang (P) c¢6 phuong
trinh: 2x —y+2z+1=0

1/ Viét phuong trinh duong thangA qua hai diém A, B

2/ Tim toa do giao diém cta Ava mit phang (P).

DPé s6 6
Cau 1:(3d)
Cho ham 6 y = Ll c6 dd thi (H)
T

1/Khao sat va v& (H) , v ‘
2/ Viét phuong trinh tiép tuyén cua (H) tai diém c6 hoanh d¢ bang 2. 9

3/ Tinh dién tich hinh phang gi61 han béi (C) tiém can ngang va hai duong thang
x=2x=3

Cau 2: (3d)

1/ Giai phuong trinh 3" + 3" =10

2/ Tinh tich phan: 7

(SlIl X COSX —X smx)dx

3/ Tim gia tri 16n nhat, gia tri nhé nhét ciia ham sb: y =2x +1+ le

Cau 3: (1d)

Cho sb phirc z = 1 +i~/3.Tinh z° +(z)°

Cau 4: (1d)

Cho khéi chop tam giac déu S.ABC c6 canh AB = a, gbc giita canh bén va mit day
bang 60°.Goi D 1a giao diém cua SA va mit phang chira BC va vudng goc vdi SA.
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1/ Tinh ti s6 the tich cta hai khoi chop S.DBC va S.ABC
2/ Tinh thé tich cua khoéi chop S.DBC theo a.
Cau 5: (2d)

x =1+t
Trong khong gian (Oxyz) cho dudng thang (d):{y =3 -¢ va mit phang(P):
z =2+t

2x+y+2z=0
1/ Chimg t6 (d) cat (P).Tim giao diém d6 , q
2/ Viét phuong trinh duong thang d” 1a hinh chiéu vuéng goc cua duong thang d trén
mat phang (P)
pé 7

Cau 1:( 3d)
Cho ham s6 y =——— (C)
2—x

1/ Khao sat su bié'n? thién va v& dd thi (C ) cta ham sO , ,

2/ Goi A 1a giao di€ém cua do thi véi truc tung. Viét phuong trinh tiép tuyén cia ( C)
tal A.

3/ Tinh dién tich hinh phang gi6i han bai (C) truc Ox va hai duong thang: x = -1, x =0
Cau 2: (3d)

x2-5x+4
1/ Giai bat phuong trinh: Gj >4

2/ Tinh tich phan: J :j /i+3Inx lox dx
1 X

3/ Tim gi4 tri 16n nhat va nho nhét cta ham s y = f(x) =x* - 2¢* +x? trén doan [-1;1]

Cau 3: (1d)
1/ Giai phwong trinh: 3x> —x +2 = 0, trong tap hop sb phuc.
. 2 2
2/ Tinh gié tri cua biéu thac: Q0 = (2 + \/gz) + (2 -~ \/gz) :
Cau 4: (1d)
Cho khéi chép S.4BC c6 SA vudng goc véi mit phing (ABC), ddy ABC la tam gidc
vuong tai dinh B canh bén SB =244/3 tao véi ddy mot goc bang 60°.
1/ Chirmg minh BC vudng goc v4i mit phang (SAB)
2/ Tinh thé tich hinh chép S.ABC
Cau 5: (2d)
Trong khong gian véi hé truc toa do Oxyz cho cac diém A(1, 0, 0); B(0, 2, 0); C(0, 0,
3)
1/ Viét phuong trinh téng quat cia mit phang qua ba diém:A, B, C
2/ Lap phuong trinh dudng thang d qua C va vudng goc mit phang (ABC)
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Dé 8

Cau 1:(3d)
Cho ham sby = x*- 2x% + 1, d0 thi (C).
1/ Khao sat sy bién thién va vé d6 thi(C) cua ham sb.
2/ Dya vao do thi(C)bién luan theo m s6 nghiém cua phwong trinh
xto P+ 1-m=o0.
Cau 2: (3d)
1/ Giai phuong trinh 4°*! + 272 . 3= 0.

p
3 .
2/ Tinh tich phan 7 = & ———2* 4.
P ?(l + cosx)3 ’

3/ Tim gi tri 16n nhat,gié tri nhd nhat ctia ham s6: 1 (x) = %x3 ~2v% +3x -7 trén doan

&2t

Cau 3: (1d)

Tim modun cua s6 phirc: 3+ 4i + (1- i)’

Cau4: (1d)

Cho hinh chép S.ABC c6 day ABC la tam gidc vuong tai 4, AB = a, AC = a3, mat
bén SBC 1a tam gidc déu va vudng goc véi mit phang ddy. Tinh theo a thé tich cua
khéi chop S. ABC.

Cau 5: (2d)

Trong khéng gian v6i hé toa dd Oxyz cho dudng thing d : 2 3.7 +11 =22

va mat
phiang(a):4x +y+z- 4= 0.
1/ Tim toa d6 giao diém A ciia dudng thang d va mit phang(a).
2/ Viét phuong trinh mat phang(b) di qua gdc toa do O va vudng goc v6i dudng thang
d
D¢ 9
Cau 1:( 3d)
r 4 1

Cho ham sy = - %+ 2% + 1, dd thi (C).

1/ Khao sat sy bién thién va vé d6 thi(C) cua ham sb.

2/ Tim diéu kién cia m dé phuong trinh: x*- 8x>- 4+ m = 0, c6 bon nghiém phan

biét.
Cau 2: (3d)
1/ Giai bt phuong trinh log, (2" * 1} <0

x —1

3
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z

2
2/ Tinh tich phan 7 = j[cos% — cost}’x :

0

3/ Tim gia tri 16n nhat,gia tri nho nhit cuia ham sb: £ (x)= §x3 —2x* +3x — 7 trén doan

&2t

Cau 3: (1d)

Tinh gid tri cia biéu thirc P =(1-+2i)> +(1+~2i)?

Cau 4: (1d)

Cho tir dién SABC c6 ba canh SA, SB, SC vuong goc véi nhau tung d61 mot véi SA =
Icm,

SB=SC=2cm.

1/ Tinh thé tich khéi tir dién

2/ Xac dinh tAm va tinh ban kinh ctia mit cau ngoai tiép tir dién , tinh dién
tich ctia mit cau va thé tich ctia khoi cau do .

Cau 5: (2d)

Trong khong gian véi hé toa d6 Oxyz, cho diém A(1;-2;2)va duong thang

x =2+t
d:y=1-t.
z =2t

1/ Viét phuong trinh mit phang (o)) qua diém A va chira duong thang d.
1/ Viét phuong trinh mit phang (o)) qua diém A va vudng goc véi dudng thang d.
Suy ra, toa do ciia diém A’ d6i xtmg voi diém A qua dudng thing (d).

Pé 10
Cau 1:(3d)
4

Cho ham sdy = - x*- % dd thi (C).
1/ Khéo sat su bién thién va v& d6 thi(C) ctia ham so.
2/ Tinh dién tich hinh phang gii han bai d6 thi(C) va duong thang y = 5.
Cau 2: 3d)
1 2_0x-3
] — 2X+1

1/ Giai phuong trinh

sin x cos> xdx .

2/ Tinh tich phan 7 =

= UL ] ’ N\

2x +3

x —1

3/ Tim gi4 tri 16n nhat,gia tri nho nhat ctia ham s6: f (x) =

Cau 3: (1d)

trén doan § 2;0f
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Cho s6 phtrc:z = (1-2i)(2+i)’. Tinh gi4 trj biéu thiic 4 =2z .
Cau 4: (1d)
Cho tir dién SABC c6 ba canh SA, SB, SC vuong goc véi nhau ting d61 mot véi SA =
Icm,
SB=SC=2cm.
1/ Tinh thé tich khéi ttr dién
2/ X4c dinh tAm va tinh ban kinh ctia mit cau ngoai tiép tir dién , tinh dién
tich ctia mit cau va thé tich cta khoi cau do .
Cau 5: 2d)
Trong khong gian Oxyz cho 3 diém A(3; —2; —2), B(3; —2; 0), C(0; 2; 1)
1/ Viét phuong trinh mit phang (ABC).
2/ Viét phuong trinh mit cau (S) c6 tam 1a gbc toa do O va tiép xuc véi mit phang
(BCD).
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