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A. TOAN RUT GON BIEU THUC

. ) . ) 2Wx o WJx o 3x-3
I. VI DU : Ruat gon bi€u thic P= + -
i = (\/2+3 Vx -3 x—9J

[2vx-4 "
.(\/;_3 IJ ( vl x

23x (Vx =3)+x (Vx +3) - (3x-3) | (2vx-4)-(vx-3)

>0,x#1,x#9)

Giai: V6ix >0,x=1,x=29tacd P=

(Vx-3)(vx+3) ' Jx -3
_2x—6x+x+3Vx =3x43 Wx-4-Jx+3_ 3x+3  Jx-l
(Vx+3)(Vx-3)  Wx-3 (Vx+3)(Vx-3) Vx-3

SB(Vx-1)(Vx-3) 3

R

ILCHU ¥:

e Khi rit gon cdc biéu thiic Ii cic phép tinh giita cic phdn thiic ta thuong
tim cich dua biéu thiic thinh mét phin thiic sau doé phan tich tit va miu
thanh nhan #if réi giin uéc nhiing thita s6' chung cda cd tir va mau.

e Truong hop dé bii khong cho diéu kién thi khi rit gon xong ta nén tim
diéu kién cho biéu thiic. Khi doé quan sit biéu thiic cudi cung va cdc thita
s6'd duoc gidn udc dé’tim diéu kién.

e Vidu véi bai ndy : + Biéu thiic cudi cung cin x>0

+ Cdc thua s6 duoc gidn uoc Ii

Jx —1vax —3=cinx #1vax #9

Vay diéu kién dé biéu thiic c6 nghia li x >0,x+1,x %9
B. PHUONG TRINH BAC HAI VA PINH LI VIET

1. ViDy
)

bai 1: Cho phuong trinh x> — 2m-1)x +m —1=0

>, <

Giai phuong trinh véi m =§

Ching minh phuong trinh luon c6 hai nghiém phan biét

Tim m d€ phuong trinh c6 hai nghiém trai d4u

Tim m dé€ phuong trinh c6 hai nghiém cting dau

Tim m d€ phuong trinh c6 hai nghiém cung duong

Tim m dé phuong trinh c6 hai nghiém cing am

Tim m dé phuong trinh ¢6 nghiém duong

Tim m dé phuong trinh ¢6 hai nghiém 1a hai s6 nghich ddo ctia nhau
Tim m dé phuong trinh ¢6 hai nghiém théa man 2x, + 5x, = -1
Tim m dé phuong trinh ¢6 hai nghiém thoa man x? +x2 =1

Tim hé thuc lién hé gitra hai nghiém x, va x, cua phuong trinh
Tim GTNN clia |x, —x,|

m. Tim GTLN ctia x} (1-x} )+x3 (1-4x7)
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n. Khi phuong trinh ¢6 hai nghiém x, va x, , chiing minh biéu thitc sau khong phu
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B=

— T 2
XXy o XX

Giai :
a. Giai phuong trinh vé6i m =

g wlwm

Vi mz% ta c6 phuong trinh : X2—§x+§:0<:>3xz—7x+2=0

A=(-7) —4.3.2=49-24=25>0;4/A =5 phuong trinh ¢6 hai nghiém phan biét :
(IS L 75
6 3 6
Vay v61 m = 5 phuong trinh da cho c6 hai nghiém phan biét la %vé 2
b. Chitng minh phuong trinh luon co hai nghiém phan biét
Phuong trinh da cho 1a phuong trinh bac haicba=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m-1)=4m> —4m+1-4m+4 = 4m*> -8m+4+1=(2m-2)" +1

Vi (2m-1)’ >0v6imoim=> A=(2m—-1)’ +1>1>0v6imoim nén phuong trinh luén c6 hai

nghiém phan biét v61 moi m

c. Tim m dé phuong trinh c6 hai nghiém trai dau
Phuong trinh da cho la phuong trinh bachaicoa=1; b=2m-1; c=m-1
Phuong trinh ¢6 hai nghiém trdi dau khi ac<0<1.(m-1)<0< m-1<0< m<1
Vay v6i m<1 thi phuong trinh da cho c6 hai nghiém trai dau.

d. Tim m dé phuong trinh c6 hai nghiém cung dau
Phuong trinh da cho 1a phuong trinh bAc haicéa=1; b=2m-1; c=m-1

Phuong trinh co hai nghiém cung dau
A>0 (2m—2) +1>0(Iuon ding )
{ac>0 {m 1>0 m-1>0<m>1

Vay v6i m > 1 thi phuong trinh da cho c6 hai nghiém cung dau.

e. Tim m dé phuong trinh c6 hai nghiém cung duong
Phuong trinh da cho la phuong trinh bachaicoa=1; b=2m-1; c=m-1
Phuong trinh ¢6 hai nghiém cung duong khi

A0 [(2m-2) +120 L [m>1
ac>0 < m-1>0 <:>{2nr;>>1<:> m>l<:>m>1
b, 2m—1>0 >

a
Vay v6i m > 1 thi phuong trinh da cho c6 hai nghiém cung duong.

f. Tim m dé€ phuong trinh c6 hai nghiém cing am
Phuong trinh da cho 1a phuong trinh bAc haicéa=1; b=2m-1; c=m-1
Phuong trinh ¢6 hai nghiém cung am khi
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A0 (2m-2)’ +1>0
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-b 2m—-1<0

—<0
a
Vay khong c6 gia tri nao cia m dé phuong trinh da cho c6 hai nghiém cuing am.
g. Tim m dé phuong trinh c6 nghiém duong
Phuong trinh da cho 1a phuong trinh bAchaicéa=1; b=2m-1; c=m-1
Dé phuong trinh c6 nghiém duong ta c6 cdc trudong hop sau :
e Phuong trinh ¢6 mot nghiém duong va mot nghiém bang 0
Thay x = 0 vao phuong trinh ta co6 m - 1 =0 hay m = 1. Thay m = 1 vao phuong trinh
ta duoc
x*-x=0 & x(x—1)=0<x =0 hodcx =1( thoa man )

e Phuong trinh ¢6 hai nghiém cuing duong, di€u kién 1a :

A0 [(2m-2)" +120 . [m>1
ac>0 & m-1>0 o{m>1 o leom>1
—>0

a
e Phuong trinh c6 hai nghiém trai dau, di€u kién Ia :
ac<0e=1.(m-1)<0em-1<0<m<l

K&t hgp ca ba truong hgp ta ¢é v6i moi m thi phuong trinh da cho ¢6 nghiém duong

h. Tim m dé phuong trinh c6 hai nghiém 12 hai s6 nghich dao cia nhau
Phuong trinh da cho la phuong trinh bAc haicéa=1; b=2m-1; c=m-1
A=(2m-1) 4.1 (m-1)=4m*> —4m+1-4m+4 =4m’ ~8m +4+1=(2m-2) +1
Vi (2m-1)’ 20v6imgim= A=(2m-1)’ +1>1>0v6imoim nén phuong trinh luon c6 hai
nghiém phan biét x, va X, véi moi m
Theo dinh Ii Viet ta ¢6 X,.X, = <=m-1

a

Phuong trinh ¢6 hai nghiém la hai s6 nghich dao cha nhau khi x,.x, = 1
om-l=lem=2
Vay v6i m = 2 thi phuong trinh da cho c¢6 hai nghiém 1a hai s6 nghich dao cta nhau.

i. Tim m dé phuong trinh c6 hai nghiém théa man 2x, + 5x, = -1
Phuong trinh da cho la phuong trinh bac haic6a=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m-1)=4m* ~4m+1-4m+4 = 4m*> -8m+4+1=(2m-2)" +1
Vi (2m-1) 20v6imoim= A=(2m-1) +1>1>0véimoim nén phuong trinh luon c6 hai
nghiém phan biét x, va X, véi moi m

X, +Xx,=2m-1 (1)

Theo dinh 1i Viet va dé baitacé : {x,x,=m-1 (2)
2x,+5x,=-1  (3)

Nhan hai vé€ cta (1) véi 5 sau do trir cac vé tuong tng cho (3) ta duoc :

5x, + 5%, — 2 X, — 5%, = 10m — 5 + 1 < 3x, = 10m—4 < x 10“; @
Thay (4) vao (1) ta c6 : l0m_4+><2 =2m -1 X, =2m—1—10n;_4 = 6m_3_310m+4 = 1_;m
(@)
Thay (4) va (5) vao (2) ta dugc phuong trinh :
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10m — 41 4m

=m-1< (10m—-4).(1-4m)=9(m-1) < 10m —40m’ =4 +16m = 9m -9
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A=(-17) —4.40.(~5)=1089 > 0; V/A =33
17-33 1 17433 5

o

1 =z My = Y
80 5 80 8
Vay v6i m =% hodc m =§ thi phuong trinh da cho c6 hai nghiém théa man diéu kién dé
bai.
j. Tim m dé phuong trinh c¢6 hai nghiém théa man x> +x2=1
Phuong trinh da cho la phuong trinh bac haicéa=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m-1)=4m* —4m+1-4m+4 = 4m*> -8m+4+1=(2m-2)" +1

Vi (2m-1)’ >0v6imoim=> A=(2m—-1)’ +1>1>0véimoim nén phuong trinh luén c6 hai
nghiém phan biét x, va x, v6i moi m

Theo dinh If Viet ta c6 : {1 7% =2m=1 (1)
’ X,.X, =m-—1 (2)

Theo d¢ bai : X]2+x§=1<:>x12+x§+2xlx2—2xlx2=1<:>(x1+x2)2—2x1x2=1 (3)

Thay (1) va (2) vio 3) tacé 2m — 1) —2(m — 1) =1

2m-1)° -2(m-1)=1 <4m’ —4m+1-2m+2=1<4m’  -6m+2=0<2m’ -3m+1=0
1

Phuong trinh ¢c6 dang a + b + ¢ = 0 nén c6 hai nghiémlam,=1; m, =

oo

Vay v6i m=1hoac m :% thi phuong trinh da cho ¢6 hai nghiém thdéa man diéu kién dé
bai.

k. Tim hé thic lién hé giira hai nghiém x, va x, cua phuong trinh
Phuong trinh da cho 1a phuong trinh bAc haicéa=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m-1)=4m> —4m+1-4m+4 = 4m*> -8m+4+1=(2m-2)" +1
Vi (2m-1) >0v6imgim= A=(2m~-1)’ +1>1>0v6imoim nén phuong trinh lu6n c6 hai
nghiém phan biét x, va x, v6i moi m. Theo dinh Ii Viet ta co :

X, +X, =2m-1 m:m X, +Xx, +1

= =>——==x X, +1l<x +x, -2X, X, =1
— _ 172 1 2 2
XX, =m-1 2 !

m=Xx,.x,+1 2

Vay hé thiic can tim 1a x, +x, —2x,.x, =1
. Tim GTNN cua |x, —x,|
Phuong trinh da cho la phuong trinh bac haicéa=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m-1)=4m> —4m+1-4m+4 = 4m*> —8m+4+1=(2m-2)" +1
Vi (2m-1)’ >0v6imoim=> A=(2m—-1)’ +1>1>0v6imoim nén phuong trinh luén c6 hai
nghiém phan biét x, va x, v6i moi m

Theo dinh 1f Viet ta c6 : | X +% =2m~-1 (1)
. XX, =m-—1 2)

biat A = |X1—X2|20:>A2=|X1—X2|2=(X1—X2)2=X —2X X, +X; = (X +X ) —4x X,

Thay (1) va (2) vao ta c6

A’=(2m-1)" —4(m-1)=4m’ —4m +1-4m +4=4m’ —8m+4+1=(2m-2)’ +1>1 v6i moi m
(3)

Ma A>0néntir(3)= A >1vd6i moi m

Dau bing xay ra khi 2m-2)’=0 < m=1
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Vay GTNN ctia A =[x, —x,| 1a 1 xdy rakhim =1
Simp® PBmMaTHEMnet@pht (Jnregjsterdd Véxsion - http://www.simpopdf.com
Phuong trinh da cho la phuong trinh bAc haicéa=1; b=2m-1; c=m-1
A=(2m-1) —4.1.(m~1)=4m* ~4m+1-4m+4 =4m*> -8m+4+1=(2m-2) +1
Vi (2m-1)" 20v6imoim= A=(2m~1)" +1>1>0v6imoim nén phuong trinh luon c6 hai
nghiém phan biét x, va X, véi moi m

Theo dinh 1 Viet ta ¢6 : {x, +x, =2m-1 (1)
XX, =m-—1 2)

Ta cé A:xf(l—x§)+x§(l—4xf):xf+x§—5x12x§:(x1+x2)2—2x1x2—5(xlxz)2 3)
Thay (1) va (2) vao (3) ta duoc :
A=(2m-1)" -5(m-1)" -2(m-1)=4m’ —~4m +1-5m’ +10m —5-2m+2 = -m’ +4m -2
=2-(m’-4m+4)=2-(m-2)’
Vi (m—2)2 >0 v6i moi m:>A=2—(m—2)2S2Vé’iin m
Dau bing xay ra khi (m — 2)*=0hay m =2
Vay GTLN ciia A =x; (1-x;)+x5(1-4x]) 122 khim =2

n. Khi phuong trinh c6 hai nghiém x, va x, ,

X —1+x2—1

2 2
XX, XX

ching minh biéu thic sau khong phu thuoc vaom : B=

Phuong trinh da cho la phuong trinh bachaicéa=1; b=2m-1; c=m-1

A=(2m-1) —4.1.(m-1)=4m> ~4m+1-4m+4 = 4m*> —8m+4+1=(2m-2)" +1

Vi (2m-1)" 20v6imoim= A=(2m~-1)’ +1>1>0v6imoim nén phuong trinh luon c6 hai
X, +x,=2m-1 (1)

nghiém phan biét x, va X, v6i moi m. Theo dinh 1i Viet ta c6 : 2
; ; : : X;.X, =m-1 (2)

Taco: B=3 1 %=l (X =) X, + (%, 1) x, _ (Xlz +X§)_(X1 +X,)

XX; XX X/X, XX
(x1 +)<2)2 —(x1 +x2)—2x1x2 (2m—1)2 —(2m—1)—2(m—1)
= 2.2 = 2
X; X, (m—l)

4m’—4m+1-2m+1-2m+2  4m’—-8m+4 4(m-1)
(m-1)° (m-1)"  (m-1)
Vay biéu thitc B khong phu thuoc vao gia tri ctia m.

Pé bai 2. Cho phuong trinh (m+1)x*-2(m+2)x +m+5=0
a. Giai phuong trinh v6i m = -5
b. Tim m dé phuong trinh c6 nghiém
c. Tim m dé phuong trinh ¢6 nghiém duy nhat
d. Tim m dé phuong trinh c¢6 hai nghiém phan biét
e. Tim m dé€ phuong trinh ¢6 hai nghiém trdi dau
f. *Tim m dé phuong trinh c6 hai nghiém cung duong
g. Tim m d€ phuong trinh ¢6 hai nghiém x, , x, théa man x, + 3x, =4
h. Tim m d€ phuong trinh ¢6 hai nghiém ma tich ctia chiing bang -1
i. Khi phuong trinh ¢6 hai nghiém x, , x, .Tinh theo m gid tri cia A =x’ +x;

Timmdé A=6

—
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k. Tim m d€ phuong trinh ¢6 hai nghiém x, , x, trong d6 ¢6 mot nghiém 1a % Khi dé
Simpo PDF Merge and Split Unregistered Verslorz3 htt{a //mg/vw .simpopdf.com
hay lap phuong trinh c6 hai nghiém 1a

3x, 3x,
Giai :
a. Giai phuong trinh véi m = -5
Thay m = -5 vao phuong trinh ta co 4> + 6x = 0
—2x=0 x=0
©_2X(2X_3)0©[2X3:0®!X—2

Vay v61 m = -5 , phuong trinh c6 hai nghiém 1a 0 va %

b. Tim m dé phuong trinh c6 nghiém

e V6i m = -1 phuong trinh tr& thanh -2x + 4 = 0 < x=2. Phuong trinh c6 mot
nghiém x =2

e V61 m =-1 phuong trinh 1a phuong trinh bac hai c6 a = m+1 , b = -2(m+2) , ¢ =
m+35

A =(m+2)2—(m+1)(m+5)=m2+4m+4—m2—6m—5:—2m—1

Phuong trinh ¢6 nghiém khi -2m-1>0< m < _?1

Tém lai phuong trinh c6 nghiém khi m < ‘71

c. Tim m dé€ phuong trinh c6 nghiém duy nhat
V6i m = -1 phuong trinh tr¢ thanh -2x + 4 = 0 < x =2. P.trinh ¢6 mot nghiém duy
nhat x =2

e V61 m =-1 phuong trinh Ia phuong trinh bac hai c6 a = m+1 , b = -2(m+2) , ¢ =
m+5

A :(m+2)2 —(m+l)(m+5):m2 +4m+4-m’—6m-5=-2m-1

Phuong trinh ¢6 nghiém duy nhat khi -2m-1=0<m = _?1 ( théa man )
Tém lai phuong trinh ¢é nghiém duy nhat khi m =—-1 hoac m = _71

Chl ¥ : Truong hop phuong trinh bic hai c6 A=0 ciing duoc coi 1i co
nghiém duy nhit

d. Tim m dé phuong trinh c6 hai nghiém phan biét

e VGim = -1 phuong trinh tré thanh -2x + 4 = 0 < x =2. P.trinh ¢c6 mot nghiém duy
nhat x =2

e V6im #-1 phuong trinh 1a phuong trinh bac hai c6 a=m+1 ,b =-2(m+2) , c =
m+5

A :(m+2)2 —(m+1)(m+5)=m2 +4m+4-m’—6m-5=—2m-1

Phuong trinh ¢6 hai nghiém phan biét khi 2m-1>0< m< _?1

Toém lai phuong trinh ¢6 hai nghiém phén biét khi m < _?1 va m#—1

e. Tim m dé phuong trinh ¢6 hai nghiém trai dau

e V6i m = -1 phuong trinh tré thanh -2x + 4 = 0 < x =2. P.trinh ¢6 mot nghiém duy
nhatx =2
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e V6i m =-1 phuong trinh 1a phuong trinh bac hai c6 a = m+1 , b = -2(m+2) , ¢ =

S oFiBﬁ erge and Split Unregister ersion, - http://www.simpopdf.com
gﬂﬁ’o’ng trin ng" hz{ll ng l1Iem trat daeu C11\1/510 <rb P Pop

21%2% m > é(vonghlem)
<:>(m+1)(m+5)<0<:> o & -5<m<-—1
m+1<0 m<-—1
m+5>0 m > -5

Vay v6i -5 <m < -1 thi phuong trinh ¢6 hai nghiém trdi dau
Chuy:
Giai BPT (m +1 )(m +5) <0 (1) co cich nhanh hon nhu sau :
Dé (1) xdy ra thi m + 1 vd m + 5 13 hai 56 trdi diu. Taluéncom +1<m +5

m+1<0 {m<-1

m+5>0 m>-5<:>_5<m<_1

nén (1) xdy ra khi {
Truong hop chi cin biét két qud cua cic BPT dang nhu (1), hdy hoc thudc tir
“ ngodi cung trong khac' va dich nhu sau : ngodi khoang hai nghiém thi vé
trdi cung djiu voi hé s6' a, trong khoing hai nghiém thi vé trii khic diu voi
hé s6'a (hé s6°a 1d hé s6'liy thita bic hai cia vé trdi khi khai trién, nghiém &
diy li nghiém cua da thiic vé trdi )
Vi du voi BPT (1) thi vé trdi c6 hai nghiém 14 -1 va -5, dang khai trién 13 nr’
+6m + 5 nén hé s6'a la 1 >0. BPT cin vé trdi < 0 tifc 13 khdc diu voi hé s6'a
nén m phai trong khoang hai nghiém, tic 1d -5 <m < -1. Con BPT (m + 1 )(
m +5) >0 (2) sé cin m ngodi khodng hai nghiém (cung diu voi hé sé'a), tiic
Ia m <-5hodcm > -1
Mot s6'vi du minh hoa :
(m-3)(m+7)>0< m<-7hoacm > 3; (2m—48(3m+9)<0<:> -3<m<2
(2m-6)(1-m)>0<1<m<3; (5-m)(2m-8)<0< m<4hoacm>5

f. *Tim m dé phuong trinh c6 hai nghiém cung duong
Véi m = -1 phuong trinh trd thanh -2x + 4 = 0 < x =2. P.trinh ¢6 mot nghiém duy
nhatx =2
e V6im #-1 phuong trinh 1a phuong trinh bac hai c6 a=m+1 ,b =-2(m+2) , c =
m+5
A=(m+2) ~(m+1)(m+5)=m>+4m+4-m’ —6m-5=-2m~1
Phuong trinh ¢6 hai nghiém cung du’ong khi

-1
A0  |-2m-1>0 ms mE (1)
ac>0 < (m+1)(m+5)>0< m+12) 5)>0 < qm < -5hodcm >-1(2) (I)
b [2(m+2) m+2)( )>0 m < —2hodcm >—1(3
=
a m+1

<:>m<—5hozf1c—1<m<—%

Chuy:

Dé tim nghiém cia hé bt phuong trinh (I) ta Idy nhdp vé mét truc s6, dién
cdc s6'méc Ién dé va 1iy cdc ving nghiém. Sau dé quan st dé tim ra ving
nghiém chung va két luin. Viéc Iam do dién 4 nhu sau :
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0 hinh trén cdc duong (1) ; (2) ; (3) Iin luot 1d cic duong Idy nghiém cua cdc bit
phuong trinh (1), (2) ; (3) trén truc s6. Qua do ta thiy m<-5 hodc -1 <m < —% la

cdc gid tri chung thoa man cd ba bit phuong trinh (1) ; (2) ; (3) nén do li tip
nghiém cua hé bit phuong trinh (1)

g. Tim m dé phuong trinh c6 hai nghiém x, , x, théa man x, + 3x, = 4
e V6im = -1 phuong trinh tr¢ thanh -2x + 4 = 0 < x =2. P.trinh ¢6 mot nghiém duy
nhat x =2
e V61 m =-1 phuong trinh Ia phuong trinh bac hai c6 a = m+1 , b = -2(m+2) , ¢ =
m+5
A :(m+2)2 —(m+l)(m+5):m2 +4m+4-m’—6m-5=-—2m-1
Phuong trinh ¢6 hai nghiém x, , X, khi né 1a phuong trinh bac hai c6 A>0

Tic 13 {m*1 N mill
-1>0

—2m m<——
2
b 2(m+2)
X, +X,=——= 1
P a0 m+l (1)
e A Las s e P p ¢ m+5
Khi d6 theo dé bai va dinh li Viet ta cé {x,.x, === ; (2)
a m+
X, +3x, =4 (3)
Tu (1) va (3) ta c6 hé phuong trinh
2m+4 2m+4 2m+4 m m+4
2m+4 X, +X, = X, = —-X, X, = - =
TX =TT o m+1 m+1 PN m+1 m+1 m+l1
m+1 2m+4 m m
X, +3x, =4 2x, =4- X, = X, =
m+1 m+1 m+1

Thay vao (2) ta c6 phuong trinh :

m+4 m m+5
m+1 m+1 m+1

<:>(m+4).m :(m+5)(m+1) (do m ¢—1)

c>m2+4m:m2+5m+m+5<:>2m+5:0<:>m:—§ (thoa man)

Vay m = —g 12 gid tri cAn tim.

h. Tim m dé phuong trinh ¢6 hai nghiém ma tich cia ching bang -1

e VGim = -1 phuong trinh tré thanh -2x + 4 = 0 < x =2. P.trinh ¢c6 mot nghiém duy
nhat x =2

o Véi m #-1 phuong trinh 1a phuong trinh bac hai c6 a=m+1 , b =-2(m+2) , ¢ =

m+% 1(‘m+1 m+5 =m’+4m+4-m*—6m—-5=-2m-1
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Phuong trinh ¢6 hai nghiém x, , X, khi n6 1a phuong trinh bac hai c6 A>0
i #erge an pli_fb registered Version - http://www.simpopdf.com
| reg
-2

m-120 m<——
2

m+35
m+1

Khi dé6 theo dinh 1i Viet ta ¢6 x,.x, =

Vay dé phuong trinh da cho ¢6 hai nghiém thoa man tich hai nghiém béng -1 thi m phai

m+5

théa man diéu kién (1) va " =-1=m+5=-m-1< m=-3(théa man)

Vay m = -3 1a gia tri can tim.
i. Khi phuong trinh ¢6 hai nghiém x, , x, .Tinh theo m gia tri cia A =x] +x;
e Véim = -1 phuong trinh tré thanh -2x + 4 = 0 < x =2. P.trinh ¢c6 mot nghiém duy
nhat x =2
e V6im #-1 phuong trinh 1a phuong trinh bac hai c6 a=m+1 ,b =-2(m+2) , c =
m+5
A =(m+2)2 —(m+1)(m+5)=m2 +4m+4-m’—6m—-5=-2m-1
Phuong trinh ¢6 hai nghiém x, , X, khi n6 1a phuong trinh bac hai c6 A>0

m =1
Tic la {Tzfn llzo‘:’{m . % (1) Khi d6 theo dinh 1i Viet
b 2(m+2
X1+X2__;: 5(m+1 ) (1)
cC m+
e Tt (2)

) 2m+4Y) 2(m+5
Taco A=X12+X§:X12+2X1X2+X§_2X1X2=(X1+Xz)2_lexzz( ;n+1 J - (m+1 )
_(2m+4)° —2(m+5)(m+1) _4m’ +16m+16-2m>~12m—10 _2m’+4m+6

(m+1)2 (m+1)2 (m+1)2
2
VaflyA=2m+—4mz_'_6(V6im¢—lvémS—lj
(m+1) 2
jo Timmdé A =6
2
Tacé A:w(wﬁm;ﬁ—lvﬁmé—lj
(m+1) 2
2
Véim#-Ivim<—1 tacs A=6e 20 MO0 6 om 1 dm+6=6(m+1)
2 (m+1)

<2m’+4m+6=6m’+12m+6 < 4m’ +8m =0 < 4m(m+2)=0< m=0hodacm = -2
K&t hop véi diéu kién ta ¢c6 m = -2 12 gid tri can tim.

k. Tim m dé phuong trinh c¢6 hai nghiém x, , x, trong dé c6 mét nghiém la l.

2
Khi do6 hay lap phuong trinh co hai nghiém la ox, +1 va 6);2 +l
X, X

e Véim = -1 phuong trinh tré thanh -2x + 4 = 0 < x =2. P.trinh ¢c6 mot nghiém duy
nhat x =2

e V6im #-1 phuong trinh 1a phuong trinh bac hai c6 a=m+1 ,b =-2(m+2) , c =
m+5
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A=(m+2) ~(m+1)(m+5)=m> +4m+4-m’ —6m-5=-2m~1
SRhpomDFiNte ek haiongpli¢ Wnke gistekdd ve kighubng: iximwbiienbapa6com 0

Taeta m#1 o7 (1)
—2m-120 mS—E

Thay x = % vao phuong trinh da cho ta co

(m+1).( %)2—2(m+2). % +m+5=0 omtl-4m-8+4m+20=0 <m=-13 ( thoa
man (1))

Vay v6i m = -13 thi phuong trinh ¢6 hai nghiém x, , X, trong d6 c6 mot nghiém la %
Thay m = -13 phuong trinh tr& thanh -12x* +22x-8=0 ¢ 6x* - 11x +4=0
Theo dinh If Viet :x1+x2=%; w:%:% . Khi d6 :
(11)2 2 11
) , 2 6] | —12.24
6)(l—i-l+6x2-1-1=6xl +X,+6X; +X, =6(X1+X2) —12x1x2+(x1+x2)= 6 36 :E=7
3%, 3%, 3% X, 3% X, 32 2
3
36 2 6 1 1
6x,+1 6x,+1 36xx,+6(x, +x,)+1 =030 F _36_,
3x,  3x 9X X, 9§ 6

Do d6 phuong trinh can tim ¢6 dang y*- 7y + 6 =0 (2)

Chay:
Phuong trinh (2) khéng nén 13y 4n 1 x vi dé gdy nhim lin véi phuong trinh
cua dé bai
Il. CHU ¥ :
Khi gdp phuong trinh c6 tham s6 ( thuong 1 m) o hé s6’ a (hé s6 cua liy thua
bic hai)ta cin xét riéng truong hop hé s6'a = 0 dé"két luin truong hop ndy co
thoa man yéu ciu cia dé bii hay khéng. Sau do xét truong hop a khic 0, khing
dinh do 1i phuong trinh bic hai r6i moi duoc tinh A.

C. HAM SO VA PO THI

1. ViDy
Pé bai 1: Cho ham s6 bac nhat : y =(2m — 5)x +3 véim = % c6 d6 thi 1a dudng

thang d
Tim gid tri cia m dé
a. Goc tao boi (d) va va truc Ox 1a géc nhon, géc tu ( hoac ham sé dong bién, nghich
bién)

b. (d)di quadiém (2;-1)

c. (d) song song véi dudng thang y = 3x — 4

d. (d) song song véi duong thang 3x + 2y = 1

e. (d) luon cét dudng thing 2x — 4y —3 =0

f. (d) cat duong thang 2x + y = -3 tai diém c6 hoanh do 12 -2

g. (d) cat truc hoanh tai diém & bén tréi truc tung ( ¢6 hoanh do am)

h. (d) cit duong thang y = 3x + 1 tai diém c6 hoanh do am (hodc & bén tréi truc tung)
www.VNMATH.com www.VNMATH.com
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i. (d) cat dudong thang y = 5x — 3 tai diém c6 tung do duong ( hodc & trén truc
S N Y B e e S R et com

Giai :
Hams6c6a=2m—5;b=3
a. Goc tao boi duong thang d va va truc Ox 1a goc nhon, goc ti
Géc tao boi dudng thang d va va truc Ox 12 géc nhon khi dudng thang d c6 hé s6 a > 0

&2m—550 om> % ( thda man)
Géc tao boi dudng thang d va va truc Ox 1a géc ti khi dudong thing d cé hé s6 a < 0

©2m—5<0 c>m<§ ( thoa man )

Vay géc tao bdi dudng thang d va va truc Ox 1a géc nhon khi m > B

géc tao boi dudng thang d va vatruc Ox lagéc tikhi  m< 3

2
b. (d) di qua diém (2 ;-1)
Thay x =2 ; y = -1 vio phuong trinh dudng thang d ta c6

1=2.(2m-5)+3 4m—10+3=-1 & m:% ( thda man)
Vay v6i m = % thi (d ) di qua diém (2 ; -1)

Chi § : Phdi viét Ia “Thay x = 2 ; y = -1 vdo phuong trinh dudng thing d”,
khong duoc viétla “Thay x =2 y = -1 vdo duong thing d”

c. (d) song song v6i duong thang y = 3x - 4
(d) song song véi duong thang y = 3x - 4 < {%Z‘ :45 3o {gl;_t < m =4 ( thdoa man)
Vay m =4 la gia tri can tim

d. (d) song song v6i duong thang 3x + 2y =1

Tacé3x+2y=1 o y:—%x+%

(d) song song véi dudng thang 3x + 2y = 1 < (d) song song v6i dudng thing y = —%x L

2
3 7
2m-5=-— m=- 7 5 ~ T (s ez A s
o | 2o e m=— (théaman). Vay m == 12 gid tri cAn tim
4 : 4 '
3?55 3?55

e. (d) luon cit duong thang 2x -4y -3=0
1 3
Tac62x-4dy-3=0 < y=dix—2
aco2x -4y Sy=ox-7
(d) luon cét dudng thing 2x - 4y - 3 = 0 < (d) luon cit dudng thing y=%x—%

=S 2m—5¢%©m¢1741. K&t hop véi di€u kién ta cé m = 3 va mi% la gia tri can tim.
f. (d) cat duong thang 2x + y = -3 tai diém c6 hoanh d¢ 1a -2

Thay x = -2 vao phuong trinh dudng thang 2x +y = -3 taduoc 2. (-2)+y=-3 oy =1
www.VNMATH.com www.VNMATH.com
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= (d) cat duong thang 2x + y = -3 tai diém (-2 ; 1 ). Thay x = -2 ; y = 1 vao phuong trinh

DIPBEIARE IR Sl Uegistered Yottt Rt simppdt. B > ( 1hoa man:
iy m = 3 1a §1a trr can tim.

g. (d) cat truc hoanh tai diém & bén trai truc tung ( c6 hoanh do am)

Thay y = 0 vio phuong trinh duong thingdtac6 0= 2m-5)x +3 < x = 2_—35
m—

(d) cat truc hoanh tai diém & bén tréi truc tung <

<O<:>2m—5>0<:>m>§(th6a
2m -5 2

man).
Vay m >§ la gia tri can tim.
h. (d) cat duong thang y = 3x + 1 tai diém c6 hoanh do am (hoac ¢ bén trai truc
tung)
(d) cat duong thangy =3x + 1 <2m —35 = 3 &m =4
Hoanh do giao diém cta (d) va dudong thang y = 3x + 1 1a nghiém clia phuong trinh 4n x
sau :

(2m—5)x+3 =3x+1 & (2m- 8)x = -2 <:>x=2_—28(vim £4)
m—
(d) cat duong thang y = 3x + 1 tai diém c6 hoanh do am

=

5 8<O<:>2m—8>0c>m>4 ( thoa man cac diéu kién m # % va m=4)
m_

Vay m >4 la gia tri can tim.

i. (d) cat duong thang y = 5x - 3 tai diém c6 tung do duong ( hoac & trén truc
hoanh)
* (d) cat duong thingy =5x -3 ©2m—35 # 5 om #5
* Hoanh do giao diém clia (d) va dudng thang y = 5x - 3 12 nghiém clia phuong trinh 4n x
sau :

(2m—5)x+3 =5x-3<(2m-10)x=-6 & x=

2m-10 m-5

(vim #5)

Thay x:_—35 vao phuong trinh duong thing y = 5x - 3 ta c6 y =

s 3 5 ~15-3m+l5_ 3m
‘m-5 m-5 m-35

(d) cat dudong thang y = 5x - 3 tai diém c6 tung do duong

-3m

= >0 -3m(m-5)>0<m(m-5)<0<0<m<5

m-—

A7, . 7 [N A Pe BN 5 ~ L . A ~
Két hop véi cac dicu kiéntaco0<m <5 va m # 5 la gia tri can tim

j. Chiing t6 (d ) luon di qua mét diém co dinh trén truc tung
Gia str (d) luon di qua diém c6 dinh ¢6 toa do ( X, ; y,). Khi d6 :
Yo =(2m — 5)x,+ 3 v6i moi m < 2x,;m — 5X, — Y, + 3 = 0 v6i moi m
2x, =0 x. =0
5%, — Y, +3=0 |y, =3
Vay (d ) luon di qua mot diém co dinh trén truc tung c6 toa do1a (0; 3)

Cha ¥ dé bai 1:

www.VNMATH.com www.VNMATH.com 12



* Ta Iuén so sinh m tim duoc voi diéu kién cua dé bai Ii m » > ( diéu ndy rit
Sirr‘ra)?%aP}I;l;ll\l/lerge and Split Unregistered Version - http://www.simpopdf.com

* Néu dé bai chi* Cho phuong trinh bic nhit' ma khéng cho diéu kién ta vin
phdi dit diéu kién dé phuong trinh li phuong trinh bic nhit ( tic 13 phdi c6 a
+ 0 va Idy diéu kién doé dé so sanh trudc khi két Iuin)
Dé bai 2:
Cho dudng thang d ¢6 phuong trinh y =(m + 1)x — 3n + 6 . Tim m va n dé :

a. (d) song song véi dudng thang y = -2x + 5 va di qua diém ( 2 ; -1)

b. (d) song song v6i dudng thing y = 3x + 1 va cit truc hoanh tai diém c6 hoanh do 1a

-1

. (d) cét truc hoanh tai diém c6 hoanh do la % va cét truc tung tai diém c6 tung do 1a

1

d. (d) song song v6i dudng thang y = 2x + 3 va cat dudng thang y= 3x + 2 tai diém c6
hoanh do Ia 1

e. (d) di quadiém (-3 ;-3 ) va ct truc tung tai diém c6 tung do 1a 3

f. (d)ydiqua(2;-5)vacotung do goc la -3

g. (d)diquahaidiém (-1;3)va(-3;1)

o

Giai :
a. (d) song song v6i duong thang y = -2x + 5 va di qua diém ( 2; 1)

e (d) song song véi dudng thang y = -2x + 5 <:>{ n +6¢5 nes

e (d)diquadiém(2;-1) < -1=(m+1).2—3n+6 <2m -3n=-9
Thay m=-3vaotac6 2.(-3) —3n=-9 <n=1(théoaman)
Vaym=-3,n=1

b. (d) song song v6i dudng thiang y = 3x + 1 va cit truc hoanh tai diém c6 hoanh
dola -1

m=2
e (d) song song voi duong thangy =3x + 1 < {?3; 1_62: 1< {n i%

e (d) cit truc hoanh tai diém cé hoanh dola-1 & 0=(m+1).(-1)—3n+6 ©m
+3n=>5

Thaym=2vaotadugc2+3n=5 <n=1(théaman).Vaym=2,n=1

c. (d) cat truc hoanh tai diém c6 hoanh do la % va cat truc tung tai diém co

tung dola 1
e (d) cat truc hoanh tai diém c6 hoanh do 1a % S 0=(m+1). %— 3n+6 ©om -
2n =-5
e (d) cit truc tung tai diém c6tung dolal <1=-3n+6 <n= %
Thay vao phuong trinh m - 2n=-5tacé m - 2. % =-5com= —%
5 5
V3 ==, ==
=g mE
www.VNMATH.com www.VNMATH.com
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d. (d) song song v6i duong thang y = 2x + 3 va ciat duong thang y= 3x + 2 tai

Simpo F‘BE%&P@]Q %%H'%Sﬁ’t Bln}egistered Version - htt?://www.simpordf.com

e (d)song song v6i dudng thang y = 2x + 3 ™! i=6%ﬁ \

e (d) cat duong thang y= 3x + 2 tai diém c6 hoanh do 1a 1
< (m+1).1-3n+6=3.1+2<m-3n=-2.

n#l

Thaym=1vaotacé 1 —3n=-2 < n=1(khong théa man )
Vay khong c6 gia tri nao cia m va n thoa man diéu kién dé bai.
ChiL § : 7a thuong quén so sinh voi diéu kién n=1 nén din dén két luin

Sai1

e. (d) di qua diém ( -3 ; -3) va cat truc tung tai diém c6 tung do 12 3
e (d)diquadiém (-3;-3) ©-3=(m+1).(-3)-3n+6 < m+n=2

e (d) cat truc tung tai di€ém c6 tung d01a3 < 3=-3n+6<=n=1

Thay vao phuong trinhm+n=2tadugcm+1=2 ocm=1
Vaiym=1,n=1

f. (d)diqua(2;-5)vacotung do gocla-3

e (d)diquadifm (2;-5) & -5=(m+1).2-3n+6<2m-3n=-13

o (d)cétungdogocla-3 & -3=-3n+6<n=3

Thay vao phuong trinh 2m - 3n =-13 ta dugc 2m — 3.3 =-13 &om=-2
Viym=-2,n=3

g. (d) di qua hai diém (-1;3)va(-3;1)
(d) di qua hai diém (-1;3)va(-3;1)

3=(m+1).(~1)=30+6 _ fm+3n=2 . [2m=0 m=9
<:>{1=(m+1).(—3)—3n+6 {3m+3n:2 {3m+3n:2<:> n=%

Vaym:O,ng
bé bai 3:
Cho hai ham s6 bac nhaty = (m + 3 )x +2m + 1 va y = 2mx - 3m - 4 ¢6 d6 thi tuong tng
la (d,) va (d,)
Tim m dé :

a. (d,) va (d,) song song vdi nhau , cat nhau , tring nhau

b. (d,) va (d,) cit nhau tai mot diém nim trén truc tung

c. (d,) cat (d,) tai mot diém trén truc hoanh

d. (d,) cét (d,) tai mot diém nam bén phai truc tung

e. (d,) cat (d,) tai mot diém nadm bén dudi truc hoanh

. (d,) ct (d,) tai diém ( 1;-2)

g. Chiing t6 khi m thay déi thi dudong thang (d,) luon di qua mot diém c6 dinh ,
duong thang (d,) luon di qua mot diém co dinh.

Giai :
Dé cdc ham s6 di cho 1a cdc ham s6 bac nhat ta phai c6: (M37#0 . /m#-3
: 2m =0 m=#=0

Vd vd

Cha y : Piéu kién trén luén duoc ding so sinh trudc khi dua ra mot két luin
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m+3=2m
(d,) va (d,) song song véi nhau @{2 s 3md m;t L& m=3

(d,) va (d,) cat nhau © m+3#2m < m#3

(d,) va (d,) tring nhau < {rznnjfl: :2£n3m_ L& {m 31 ( vo nghiém )

K&t hop vdi cdc diéu kién ta co:
Vé6i m = 3 thi (d,) va (d,) song song v6i nhau
m#=-3 , m=0, m=3thi(d,) va (d,) cit nhau
Khong c¢6 gid tri nao cia m dé (d,) va (d,) trang nhau

b. (d,) va (d,) cat nhau tai mot diém nam trén truc tung
e (d,) va(d,) citnhau & m+3#2m < m#3
e (d) va (dy) cat nhau tai mot diém nam trén truc tung khi
2m+1=-3m-4 ©&m=-1
Két hop vo6i céc diéu kién ta c6 v6i m = -1 thi (d,) va (d,) cit nhau tai mot diém nim trén
truc tung.

ChQ ¥ : Giao diém cia (d,) va ( d,) vdi truc tung Idn Iuot i (0;2m + 1) va (0,
-3m -4 ) nén chiing cit nhau tai 1 diém trén truc tung khi hai diém do trung
nhau, tiic 1i 2m+1 = -3m— 4. Do d6 Ioi gidi trén nhanh ma khong phai Iam tit.

c. (d,) cat (d,) tai mét diém trén truc hoanh
e (d,) va(d,) catnhau < m+3#2m < m=3
e Thay y = 0 vao phuong trinh dudng thang (d,) va (d,) ta c6

X_2m+1
(m+3)x+2m+1:0  m+3 N B
Smx Am-d—0 X:3m+4 (Vi m#-3, m=0)
2m
. .2 , N . N N . (2m+1 . (3m+4
- Giao diém cua (d,) va (d,) véi truc hoanh lan luot 1a ( 3 ;0) va ( 5 ;Oj
m+ m

e (d,) cit (d,) tai mot diém trén truc hoanh khi
2m+31 - 3r‘2”4 = 2m(2m+1)=(m+3)(3m+4) < 4m’> +2m =3m> +13m +12 <& m’ ~11m-12 =0
m + m
Phuong trinh trén 1a phuong trinh bac hai c6 a - b + ¢ = 0 nén c6 hai nghiém m, = -1 ; m,
=12
Két hop véi cdc diéu kién ta c6 m = -1 hodac m = 12 thi d,) cat (d,) tai mot diém trén truc
hoanh

Cht y : Phidi két hop voi cd ba diéu kién Ii m#-3 , m=0, m=3 roi moi két
Iuin.
d. (d,) cit (d,) tai mot diém nam bén phai truc tung

e (d,) va(d,) catnhau < m+3#2m < m=#3

e Hoanh do giao di€ém cua (d,) va (d,) 12 nghiém ctia phuong trinh 4n x sau :
(m+3)x+2m+1=2mx—3m—4<:>(m—3)X=5m+5<:>x=% (vim #3)

e (d,) cat (d,) tai mot diém nadm bén phai truc tung khi hoanh do giao diém duong
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Sm+5

>0<:>(5m+5)(m 3)>0<:>m< —1 hoac m >3
Sﬁé?chp \F,(J;\{'% “t ang%glr%tgreg Verg? hoar tlg //v)j(ww .simpopdf.com

e. (d,) cat (d,) tai mét diém nam bén du6i truc hoanh
e (d)) va(d,)) catnhau & m+3#2m < m=3
e Hoanh do giao diém cua (d,) va (d,) 1a nghiém ctia phuong trinh 4n x sau :
Sm+5

(m+3)x+2m+1=2mx-3m-4 < (m-3)x=5m+5<x = (vim #3)

Thay x = 2— +35 vao phuong trinh dudng thang ( d,) ta c6

Sm+5 5m”>+20m+15+2m”> -5m—-3 7m’+15m+12
y=(m+3). +2m+1= =
m-—3 m-3 m-3

* (d,) cat (d,) tai diém ndm bén duSi truc hoanh khi tung do giao di€ém am
2
o 7m” +15m+12

<0 (™

m_
2
Ta cé7m2+15m+12:6m2+12m+6+m2+3m+%+%=6(m+1)2+[m+2j +%>O
Nén (*) twong duong v6i m-3<0 < m<3
K&t hop véi cdc diéu kién ta cé : m<3,m=-3,m =0 1a gid tri can tim

e (d,) va(d,) catnhau & m+3#2m < m=#3

o (d))cit (d;) tai diém (15 -2) ={ 27 (2TH+33)£2?+1@ m=2 =

K&t hop vdi cdc diéu kién ta c6 m = -2 1a gid tri can tim.

g. Chung to khi m thay doi thi duong thang (d,) luon di qua mét diém c6 dinh ,
duong thang (d,) luon di qua mét diém co dinh.
Gia st khi m thay déi cdc duong thing (d,) luon di qua diém (x,;y, ), thc1a :
Yo :(m+3)x0 +2m+1 vé6imoi m <:>(x0+2)m+3x0 -y, +1=0 v6i moi m
X,+2=0 o X0 = -2
3x, -y, +1=0 Yo=-5
Vay khi ma thay ddi thi cdc duong thang (d,) luon di qua diém (-2 ; -5 ) c6 dinh

Chil ¥ : Vi duong thing (d,) ta Iim tuong fu, diém c6'dinh I3 6;—4)

Dé bai 4:
Cho hai dudng thang d, va d, 14n lugt c6 phuong trinh y = -2x + 4 vy = 2x - 2
a. Tim toa do giao diém A cta hai duong thang trén.
b. V& trén cing mot hé truc toa do cdc duong thang d, va d,
c. Goi B va C lan luot 12 giao di€ém cta d, va d, v6i truc hoanh; D va E lan luot 1a
giao diém ctia d, va d, vdi truc tung. Tinh dién tich cdc tam gidc ABC , ADE , ABE.
d. Tinh c4c géc tao bdi dudong thang d, va d, vé6i truc hoanh.
Giai :
e. Tim toa do giao diém A cua hai duong thang trén.

www.VNMATH.com www.VNMATH.com 16



Giao diém clia hai dudng thang 12 nghiém ctia hé phuong trinh sau :

Simp{yI%DE)M&gg {nckép%#t@r{egisé&e%ﬁ%rsion - http://www.simpopdf.com
y=2x-2
2y =2 y=1

Vay giao diém A ctia hai dudng thang la A(%;l)

f. Vé trén cung mét hé truc toa do cac duong thang d, va d,
e Xét dudng thang (d,): y=-2x+4
V6ix=0=y=4; y=0 = x =2. Puong thang (d,) di qua hai diém (0;4) va (2;0
)
e Xét duong thang (d,): y=2x-2
V6ix=0=y=-2; y=0 = x=1. Pudng thang (d,) di qua hai diém (0;-2) va (1;
0)

g. Goi B va C lan luot 1a giao diém cua d, va d, véi truc hoanh; D va E lan luot
1a giao diém cua d, va d, v6i truc tung.Tinh dién tich cac tam giac ABC , ADE
ABE
, .

Tacé:A(%;l] ,B(2;0),C(1;0) ,D(0;4) va E(0;-2)
Dod6:BC=12-1l=1,DE=14-(-2)I=6,BO=12-01=2

Goi AH la duong cao cua AABC, AK la duong cao cia AADE = AH=1 , AK = %
GOl S,.c 5> Supe » Seps » Sage 1an luot 1a dién tich cta cac tam gidc ABC, ADE , BDE
, ABE.
Tacéd:

S, :%AH.BC =%.1.1 =% ( don vi dién tich )

s. =takDE=L26-2 (don vidientich)

ADE — 2 * - 2 * 2 R 2 0 e

S, . = %BO.DE _ %.2.6 _6  (don vi dién tich )
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SABE = SBDE - SADE =6 _2 = é ( don Vi dlél'l tich )

. 202 _ _ .

SR P G5 0 D R VRS0 Y A R <o
Géc tao bdi dudong thing d, va d, véi truc hoanh 14n luot 12 BBx va ACx
Tam gidc OBD vuong tai O ¢6 : TgOBD = % = % =2 = OBD~ 63,4

— BDx =180° —63,4° =116,6"

E %:2:6(:13:63,40

Tam gidc OCE vuong tai O ¢6 : TgOCE = % =
= ACx =63,4°

Vay géc tao bsi dudng thang d, va d, véi truc hoanh cung 1a 63,4°,

Il. CHU ¥ : Khi dé bai khong cho diéu kién cia tham s6'm ma ndi 1a cho ham s6’
bic nhat thi khi lim bai ta vin phdi tim diéu kién dé c6 phuong trinh bic nhit
vd dung diéu kién ndy dé’so sanh trudc khi két luin

D. HE PHUONG TRINH

Pé bai 1: Giai cdc hé phuong trinh sau :
5x-2y=-9 X+2y=5 3 7X = 3 7
a){Xy b){ ’ c){x“‘y*y

4x+3y =2 x?+2y?—2xy =5 X2+ y2=X+Yy+2
1 3
X 2 =2 , xX+y+xy=-7 . )
d) JX 7Y ( Dat an phu ) e) ., ( doi xtng loai 1)
) 1 . x +y —-3x-3y=16
X 2-y
2x*+y=3y* =2 . ) 3x7 +2xy+y* =11 . . )
=y ( doi xtng loai 2 ) g) Ty ( dang cap bac hai )
2y" +x=3x>-2 x> +2xy+5y° =25
Giai :
x=-1
S5x-2y=-9 15x —6y =-27 23x =-23 X ==
a) {4x+3y:2 {8x+6y:4 {4x+3y—2<:>{4(—1)+3y—2®{y=i34=2
Vay hé coO moét nghiémla: (x;y)=(-1;2)
b) x+2y=35 - X=5—22y o x=5-2y
X +2y’ —2xy=5 (5—2y) +2y2—2(5—2y)y=5 25-20y+4y’ +2y° —10y+4y’ =5

N x=5-2y - x=5-2y (1)
10y’ 30y +20=0 — |y’ -3y+2=0 (2)

Phuong trinh (2) Ia phuong trinh bac hai c6 a + b + ¢ = 0 nén c6 hai nghiém la

Yi =1;y2=§=2

Vé6iy=y,=1thayvao(l)taco6x=5—2.1=3

V6éiy=y,=2thayvao(l)taco6x=5—22=1

Vay hé phuong trinh ¢6 hai nghi¢m (x;y)la(3;1)va(1;2)
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c {;{Z+7)2<=y3+7y <::>{Xz—y32—i-7x—7y:0<:>{(X—}’)(X2+X}’+}’2)+7(X_}’)=O
Simpo PDEW&Ere ¥ SplitUrrégsteradersion X http:/mwwsidpopdf.com
o (x—y)(x2+xy+y2+7):0 (1)
X +y =x+y+2 (2)
T (1) => x-y=0hoic x*+xy+y*+7=0
e Neux—y=0 x=ythayvaio(2)tacd: x’+x’ =x+x+2x -x-1=0

A=(-1)" -4.1.(-1)=5>0. Phuong trinh c6 hai nghiém phan biét :  x, =# P X, = 1+2J§
= Hé c6 nghiém Xzyzl_z\/g va x=y:1+2\/g
e Néux’+xy+y>+7=0keét hop véi (2 tacé hé :
X +y +xy+7=0 {x+y+2+xy+7:0 X+y+xy+9=0
2,72 4.2 .2 2 _
X +y =x+y+2 X"+y =x+y+2 (X+y) —2xy=x+y+2
P=-S-9
= z A S+P+9:0
Datx+y=S,xy=Ptacoh¢{2 S 3 P=-S-9
S -2P=S+2 " |S -2(-S-9)=S+2¢< S +S+16=0 (%)

Phuong trinh (*) 1a phuong trinh bac hai c6 A=1°-4.1.16 =-63 <0 nén (*) vo6 nghiém. Hé

vO nghiém
Vay hé phuong trinh da cho ¢6 hai nghiém 1ax=y=1‘f va x:yz”f
18,
d) X 2-Yy . Diéukién x#0,y=2
2 1
. S
X 2-y
bat l:a, L _ptacs hé phuong trinh :
X 2-y
o]
a-3b=2 {a—3b=2 {5a=1 "5
1= _ _ = _h— =
{Za—b—l 6a-3b=3""(2a-b=1"| _ . 1 ,_ 3
5 5
11
Tz X:5 N .
Do dé6 X15 3<:>{y_2+§_£ ( thoéa man cac di€u kién )
2—___ 3

Vay hé phuong trinh c6 nghiém la (x;y)= (5;1—;}

xX+y+xy=-7 x+y+xy=-7
=
x> +y’-3x-3y=16 (x+y)2—2xy—3(x+y):16

Datx+y=S,xy=P ta c6he {S+P:‘7 {P=—7—S P=-7-S

§*-2P-38=16 8> -2(-7-8)-35=16 T |$*~S-2=0
Phuong trinh 8 — S —2 =0cédanga-b+c=0 néncé hainghiémla S, =-1, S,=2

% V6iS=S =-1tac6P=-7+1=-6 :>{“_Y=—1 .
Xy =—6

x vay 12 nghiém cuia phuong trinh bac hai sau: A*+A-6=0
A=1"-4.1.(-6)=25>0= JA =5. Phuong trinh ¢6 hai nghiém :
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A= g ﬁ:-s —> Hé¢ phuong trinh ¢6 nghiém (2 ;-3 ) va (-3;2)

Slmpo Pél,: Igergse rBjtaplu Hnreglst(ired b/ersmn tltg //vt\zl\élw .Simpopdf.com
K&t luan : Hé phuong trinh da cho c6 4 nghiém la:

(2:-3), (-352), (1=V10;1+4/10) ,(1++/10;1-10)

2x*+y=3y"-2 (1)
2y* +x=3x"-2 (2)
Tru tig vé€ hai phuong trinh ctia hé ta c6 :
2(X2—y2)—(x—y):3(y2—xz) <:>2(X—y)(x+y)—(x—y)+3(x—y (x+y)=0
<:>(x-y)(2x+2y—1+3x+3y):0<:>(x—y)(5x+5y—l):0<:> g;;yfgy—1=0
% Néux-y=0® x=ythayvao (1)tacé 2x*+x=3x*-2 & x*-x-2=0
Phuong trinh c6 dang a— b + ¢ = 0 nén c6 hai nghiém lax, =-1 ,x,=2
= He¢ phuong trinh ¢6 hai nghitm x =y =-1vax=y=2

o Néus5x+5y—1=0 :y:% thay vao (1) tacé :

2
2% + 1_55" :3.(1_55Xj —2 & 50x% +5-25x :3(1—10x+25x2)—50©25x2 _5x—=52=0
A=5"-4.25(-52)=5225>0

5—\/522 13209 5+4/5225 144209

Phuong trinh ¢6 hai nghiém x,

0o 77 50 10
Vi x = x, = 1 2 tacéy=(1—5.—1_V209):5= P
VéiX:x2=1+l— '0209‘[ac()y=(1—5 1+“2O ——):5= 1_1'0209

K&t luan : Hé phuong trinh da cho c6 4 nghle;m (x;y)la
(1) | (2:2) 1-4209 144209 ) (144209 1-+/209
SRR (R (RS (VAR A (R (VR (0
Chil ¥ : Néu hé déi xiing bac 3 thi cdch lim vin thé nhung Ioi gidi dii va kho
hon rdt nhiéu cin quan sit ki xem & budc thii hai ¢ cich ndo don giin khong

. {3x2 +2xy+y° =11 (1) - {25.(3x2 +2xy+y2) =25.11 - {75x2 +50xy +25y* =275
X420y +5y" =25 (2)  |1L(x7+2xy+5y7)=1125  [11x"+22xy+55y" =275
= 75x> +50xy +25y” =11x> +22xy + 55y” < 64x% +28xy—30y> =0 < 32x> +14xy—15y> =0 (*)
V6iy = 0 thay vao hé phuong trinh ta c6 : {3" B 211 ( hé vo nghiém)
V6iy #0 chia hai vé& clia (*) cho y* ta duoc phuong trinh :

2
32x° A s 32.(% +14.215=0
y

2

y y y
Ditt= 2 ta c6 phuong trinh : 322 + 14t — 15=0
y
Phuong trinh trén c¢6 A'=7" —32.(-15)=529>0= VA" =23
Phuong trinh ¢6 hai nghiém : t, = -8 Db, t, = 723 1
32 16 32 2
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o Véit=t, = box_ b, :—1—5y . Thay vao phuong trinh (2) ta c6 :

Simpo PDF Merge andlgplit L}J’nregllgtered Ve%s6ion - http://www.simpopdf.com
(—EyJ + 2-(—%y}y +5y° =25 225y* —480y° +1280y” = 6400

16
256 16 16
<1025y =6400 < y* =—— <> y=——hoacy = ———
41 J41 J41
15 16 15

Véi y=—16 = x=

N TERGTN S i
Véi y=- 10 15 (_ijzi

Jar T e\ V) Jar
<> Véit=t2=% :izéjx:%y . Thay vao phuong trinh (2) ta c6 :
y
1Y 1 y=2
(Eyj +2-(5)’]%"5y2=25<:>y2+4y2+20y2=100<:>25y2:100<:>y2:4<:{ )
y=-
Véiy:2:>x:%.2=1
1

Véiy =-2 :>x:5.(—2)=—1

Toém lai hé phuong trinh da cho ¢6 4 nghiém (x;y)la:

(_J%;Jl%j ! U%‘j%}  (1:2), (-1-2)

ChilL ¥ : Néu trong hé c6 cdc biéu thiic cin diéu kién thi trudc khi gidi ta phdi
tim diéu kién cia bién trudc, sau do dung diéu kién ndy dé so sinh trudc khi
két Iuin vé nghiém cua hé

Pé bai 2: Cho hé phuong trinh: {(3;4:(;;1};12;}/::1 g A
Giai hé phuong trinh v6i m =2
Giai va bién luan hé phuong trinh.
Tim m dé€ hé phuong trinh ¢6 mot nghiém duy nhét (X ; y ) sao cho x <.
Tim m dé hé c6 nghiém duy nhat am.
Tim m d€ hé c¢6 nghiém duy nhat thod man x +y > 1
f.Tim m dé hé c6 nghiém duy nhat thoa man x +y = -1.
g. Tim m nguyén dé hé c6 nghiém duy nhat 12 nghiém nguyén
h. Véi (x;y)langhiém duy nhat cha hé .Tim ding thic lién hé gitta x va y khong
phu thudc vao m.
Giai :
a. Giai hé phuong trinh vé6i m = 2 (tulam)

R

b. Giai va bién luan hé phuong trinh.

3x+(m-1)y=12 (1) _ |36x+12(m~1)y=144
{(m—l)X+12y=24 (2)@{(m—l)ZX+12(m—1)y:24(m—1)

Tru tirng v€ cua hai phuong trinh trén ta c6 :
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(m=1)"x=36x =24(m —1)~ 144 | (m 1)’ =36 | x = 24m ~ 24 - 144
SimoPDH (Merde an@Bplit 18rEistered Version - http://www.simpopdf.com

% Néu m =7 thay vao hé phuong trinh ban dau ta c6 :

{3X+6Y:12 {X+2y:4<:>x+2y=4<:>x=4—2y

6x +12y =24 x+2y=4
Hé vo6 s6 nghiém dang (4 — 2t ;t) v6i t eR
% Néu m = -5 thay vao hé phuong trinh ban dau ta c6 :

3X_6y=12 X_2y=4 R . .
{—6x+12y:24 {x—2y=—4 Hé vo nghiém

3 ) N . 24m —168 24(m -7 Y
% Néum=-5 vam=7tr(3)taco: X:(m—l;l)(m+5):(m_(7)(m35):m+5

Thay vao (2) ta co6:

(m—l).( 24

m+5

24(m-1) 2(m-1) 12
m+5 m+5 g m+5

j+12y=24@12y=24—

Toém lai :
v" Néu m = -5 hé phuong trinh da cho vo nghiém
v" Néu m = -7 hé phuong trinh da cho c6 vo s6 nghiém x =4 —2t ,y=t véit eR
v Néu m#-5 va m=#7 hé phuong trinh da cho c6 nghiém duy nhat:

24 12
X = , Y=
m+35 m+35

ChiL ¥ : Khi tim duoc x -2

5 ta khong nén thay vio (1) dé’ tim y vi khi do hé
m +
s6'ctia y vin con m va ta lai phdi xét cdc truong hop hé sé dé bang va khac 0 dé
tmy

c. Tim m dé hé phuong trinh c6 mét nghiém duy nhat (x ;y ) sao chox <y.

% Theo cau trén, phuong trinh c6 mot nghiém duy nhatkhi m=-5 va m=7.

% Khi d6 nghiém ctiahé 1a: x = —24—  y— 12
m+5 m+5
X<y 24 < 12 (1)

V6i m=-5 va m=7 tacéd (x +5)*>>0.Nhan hai v&€ clia (1) vé6i (x + 5)* >0 ta duoc bat
phuong trinh
24(m+5)<12(m+5) < 24m +120 < 12m +60 < 12m < =60 < m < -5

Keét hop véi cac diéu kién ta c6 m < -5 1a gia tri can tim

Cha v :
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e Khi nhin cd hai vé ciia mét bat phuong trinh voi cing mét biéu thiic ta
Simpo PRRAGERY dhxemidiine dhtceds duens haridm 36 ahigy hay khong doi
chiéu bit ding thiic
e Néu dé bii cho Iim ciu ¢ (hodc d, e, £ g ) ma khéng cho cidu b thi khi
lam, budc 1 ta phdi tim diéu kién dé hé c6 nghiém duy nhit khi do ta
trinh bdy nhu ciu b toi (3) va Iip luin hé c6 nghiém duy nhit khi (3) co
nghiém duy nhit < m=-5 va m#7

d. Tim m dé hé c6 nghiém duy nhat am.

¢ Theo cau trén, phuong trinh c6 mot nghiém duy nhat khi m=-5 va m=7.

¢ Khi d6 nghiém ctia he I3 : x = —4—  y =12
m+5 m+35
24
. , . <0 5<0
Hé c6 mot nghiém duy nhat am khi m1J2f5 =N $15<0<:>m+5<0<:>m<—5
<0
m+35

K&t hop vdi cdc di€u kién ta c6 m < -5 1a gid tri cAn tim
Cha § : Nghiém (x, y ) ciia hé duoc goi 1i 4m néu x < 0 vd y < 0. Nghiém
duong, khong 4m, khéng duong cua hé ciing tuong tu.
e. Tim m dé hé c6 nghiém duy nhat thoA manx +y > 1

% Theo cau trén, phuong trinh c6 mot nghiém duy nhatkhi m=-5 va m=7.
# Khi d6 nghiém ctiahe 1a : x = —24—  y— 12

m+35 m+35
Hé c¢6 nghiém duy nhét thoa man x +y > 1

24 12 36-m-5 31-m
+ >leo—m >0 >0
m+5 m+5 m+5 m+35
31-m>0 m < 31
o m+5>0 S m > -5 o m<3l o 5 o3
31-m<0 m > 31 (vO nghiém) m > -5
m+5<0 m< -5 ;

Két hgp véi cac di€u kién ta c6 —5<m <31 va m =7 1a gid tri can tim
f. Tim m dé hé c6 nghiém duy nhat théa man x +y = -1.

% Theo cau trén, phuong trinh c6 mot nghiém duy nhat khi m=-5 va m=7.
# Khi d6 nghiém ctiahe 1a : x = —2—  y— 12
m+5 m+5

Hé c6 nghiém duy nhat thoda man x +y = -1

24 12 _ 5 30raml0 o AR 464 2m =0 (dom # -5) < m = 23

m+5 m+5 m+35 m+35
Keét hop cédc di€u kién ta c6 m = - 23 1a gid tri cn tim
g. Tim m nguyén dé hé c6 nghiém duy nhat 12 nghiém nguyén

¢ Theo cau trén, phuong trinh ¢6 mét nghiém duy nhat khi m#-5 va m=7.
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24 12

% Khi d6o nghiémciiahé¢la: x=——,y=—"—
Simpo PDF Merge and Split Unreglstere%l1 Ver3|on Irhttp [lwww.simpopdf.com
Hé c6 nghiém duy nhat la nghiém nguyén khi 24 va 12 la cac sO6 nguyén

m+35 m+35
Vim nguyén nén m + 5 1a udc cua 24 va 12

o m+5e{-12-6;,—4;-3;-2;—1; 1; 2; 3; 4; 6; 12}

&S me {—17;—11;—9;—8;—7;—6; —4; -3, -2;-1; 1; 7}
Két hop diéu kién ta cé m e {—17;—1 1;-9;-8;-7;-6; —4; —3; —2; —1; 1} la cdc gia tri can tim
h. Véi (x ; y) la nghiém duy nhat cia hé. Tim dang thic lién hé giitax va y
khong phu thudc vao m.

3x+(m—1)y =12 3x+my-y=12 my=y-3x+12
Taco {(m 1)x+12y =24 {mx—x+12y:24© mx—x+12y:24(1)

Thay y =0 vao hé ta cé : {(321:—11§X YR {x ::47
Thay m = 7 vao hé ta duoc {2;‘(1%';:1%4 {iig _ j & x+2y=4 (hé vo s6 nghiém )

Do d6 néu hé c6 nghiém duy nhat (x ;y ) thi y#0

_y—3x+12 B

e M= =X, o
mx —x +12 =24 Y

S xy-3x" +12x —xy+ 12y =24y & 3x> +12x - 12y =0 <= x* —4x+4y =0

Vay biéu thitc cin tim 13 x* — 4x + 4y =0

BAI TAP TU LAM

Bai 1 Gidicdc hé phuong trinh sau :

{x +xy+y2 = %) {x+y+xy:—7 3 {xy+x+y:11 4 {x2+y2:13

Xy +X+y=2 x> +y*=3x-3y=16 X’y +xy® =30 3(Xx+Yy)+2xy+9=0
{x y+xy? =30 {x\/_er\/_ 6 {\/_+\/_ 4 8){X4+y4=34
x*+y®=35 X2y +xy? =20 X+y—qxy =4 X+y=2

Pap an

1) (0;2); (2:0) 2) (2:-3).(=3:2),(1+~10:1-/10),(1-V10:1+/10)  3)

(1;5),(5:1),(2;3),(3;2)

4) (3;-2),(-2;3),(-2+ \/— —2—£)( 2—\/2— \/— 5) (2;3%(3;2) 6)

(L4),(41)
Bai 2 Giai cdc hé phuong trinh sau ( déng cap bac hai ):
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| jéx2+2xy+y2:11 ) 6x> —xy—2y* =56 3)
Simpo PDF Megetadwy 3l Gritdgistered Version - http://wiﬁm.zsmopmf.eo#?
2x° +3x°y =5
Y +6xy° =7
Bai 3. Cho h¢ phuong trinh:
Xx—2y=3-m
2x+y =3(m+2)
a) Giai hé phuong trinh khi thay m = -1.
b) Goi nghiém ctia hé¢ phuong trinh 1a (x, y). Tim m dé x* + y* dat gid tri nho nhat.

(a+0x+y:4

Bai 4. Cho hé phuong trinh { (a 1a tham s0).

ax+y=2a
a) Giai hé khia=1.
b) Chiing minh rang véi moi a hé luon ¢6 nghiém duy nhét (x ; y) thoAman x +y > 2.

Bai 5 Tim cdc gia tri cha m va n dé cdc hé phuong trinh
2(m+1)x-7(n-2)y=6
a) Tm+l n-2 conghiém (x;y)=(1;2)
—X+——y=2
6 6
(4m+1)x+8(n+2)y=11 ) ,
b c6 nghiém (x ; y) = (-13)
(3m+2)x+5(n+1)y=4

Bai 6 Giai cac hé phuong trinh sau :

2 2 3 1 3
2y 3y =5 Vo1 xe2 4
a) b){2 , c) d)
2 3 4 x2 -3y =1 5 .3 29
Xx-2 y-1 y-1 x+2 12
1 1 2
- 4 =
X+y X-y 3
111 1
X—y Xx+y 3
X—y=-1 X+y=3 ) ) ) ,
x-1) —(x+2) =9y 7+u) —(5+u) =6v
e y-2=-1 £ Jy+z=6 g) {( )2( )2 h) ( )2 ( )2
7+x=8 z+x=1 (y-3) =(y+2)" =5x (2-v) -(6-v) =4u
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