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TUYEN BO BAN QUYEN

Tai liéu nay thudc loai sach giéo trinh nén cac nguoén thong tin cd thé dugc phép
dung nguyén ban hoac trich dung cho cac muc dich vé dao tao va tham khao.

Moi muc dich khac mang tinh 1éch lac hoac s dung véi muc dich kinh doanh thiéu

lanh manh s& bi nghiém cam.



LOI GIOI THIEU

B6 sach Giao khoa mon Toén I6p 10, 11, 12 dugc bién soan rat ti mi chu toan
véi kién thirc logic tir co ban dén nang cao phai mat mot quang thoi gian dai 3 nim
dé tiép thu kién thuc. Dua vao bd sach nay, tdi bién soan va chon loc lai ni dung
timg chuong cho phu hop v&i chuong trinh dao tao cua nha trwong n6i chung, phu
hop véi nhu cau cua Khoa O t6 néi riéng, cling nham tao diéu kién thuan loi cho
cac em hoc sinh hoc tt mén Toan trong nha trudng, toi xin gidi thidu quyén Gido
trinh Toan wng dung 1, 12 mdn hoc trong nhirg nim dau hoc dai cuong. Gido trinh
modn hoc rit c6 dong, chi mét hoc ki dd giup cac em hoc sinh it nhiéu nhitng kién
thizc co ban 1am nén tang cho cac em budc vao hoc cac mén chuyén nganh.

Gi4o trinh nay bao gom 4 chuong nhu sau:
Chuong 1. Vécto
Chuong 2. Phuong trinh_Hé phuong trinh
Chuong 3. Cung va goc luong giac. Céng thirc lugng giac
Chuong 4. Phuong trinh lugng giac

Phan hinh hoc trong Chuong 1 nay trinh bay vé cac khai niém vé vécto, tong
va hiéu ciia hai vécto, tich cua vécto voi mot sd. Noi dung chuong 2 gitp hoc sinh
biét cach phan biét phuong trinh twong dwong va phuong trinh hé qua, giai phuong
trinh chira an dudi dau can, hé phuong trinh bac nhat hai an va ba an. Chuong 3
giup cac em phan biét cung va goc lugng giac, biét cach doi tir do sang radian va
nguoc lai, hon nita, cung cap mot vai cong thuc lugng giac dé tinh toan,...Trong
Chuong 4 nay trinh bay cach giai cdc phuong trinh lugng gidc co ban.

Tuy thoi gian dao tao cho nganh nghé rat ngan, chi c6 2 nam, nhung chuong
trinh hoc ciia Khoa O t6 da tao dieu ki¢n xay dung nen tang kien thire twong doi du
day cho cac em hoc sinh khi chon nganh hoc cho minh.

Cam on Truong Cao dang kinh té ky thuat Thanh pho Ho Chi Minh va cam on
Khoa O t6 da tao dieu kién cho t6i bién soan quyen Giao trinh nay gilip cac em c6
dinh hudng nhin nhan khai quat cho mén hoc ciing nhu cho nganh O t6.

Cam on Thay c6 dong nghiép chan thanh gitp da.

Vi han ché vé thoi gian nén rat mong sy déng gop qui bau ctia Quy Thay cd
dong nghiép dé Gido trinh ngay cang hoan thi¢n hon.

TP.H6 Chi Minh, ngay 25 thang 08 niam 2020
Chu bién
Ly Hoang Ngan
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GIAO TRINH MON HQC

Tén moén hoc: TOAN UNG DUNG 1
Ma& mon hoc: MH2103624
. Vi tri, tinh chat ciaa mén hec:
- Vi tri: 1a mon co ban khoi dau cho nganh hoc
- Tinh chat: mén chung
Il. Muc tiéu mén hoc:
- V¢ kién thic:
+ Trinh bay duoc cac khai niém vé vécto, tong va hiéu cua hai vécto, tich cua
vécto voi mot sd.
+ Nhan biét duoc hé phuong trinh tuyén tinh bac nhat 2 an, 3 an.
+ Trinh bay dugc gid tri lwong gidc cia mét cung va cong thace luong giac.
+ Trinh bay dugc cong thicc nghiém ctia phuong trinh lugng giac co ban.
- Vé k§ nang:
+ Tinh duoc va xac dinh dugce do dai cua vécto tong, vécto hiéu, tich cua vécto
véi mot sé.
+ Giai duoc hé phuong trinh tuyén tinh bac nhat 2 4n, 3 an.
+ Dbi duoc goc luong gidc tir radian ra d6 va tir do ra radian.
+ Giai dugc phuong trinh lugng giac co ban.
- V& ning luc ty cha va trach nhiém:
+ Rén luyén tac phong hoc tap nghiém tdc, ton trong va giup d& nhau trong hoc
tap.

+ Thuc hién dang ndi quy hoc tap ctia nha truong.



Chuong 1. Vecto

CHUONG 1: VECTO
Muc tiéu:
+ Trinh bay duoc cac khéi niém vé vecto, tong va hiéu cua hai vécto, tich cua
vécto voi mot sd.
+ Tinh duoc va xac dinh duoc d6 dai cua vécto tong, vécto hiéu, tich cia vécto
véi mot sd
Noi dung
1.1. Cac dinh nghia
1.1.1. Khéi niém vecto
Pinh nghia: Vecto 1a doan thang c6 huéng.
Vecto co diém du 1a A, diém cudi 1a B dugc ki higu 1a AB  va doc 1a “vecto AB”
A B

@ >

Hinh 1.1

Vecto con dugc ki hiéu 13 a, b, x, y,... khi khong can chi & diém dau va diém
cubi cua nd.t

1.1.2. Vecto cung phwong, vecto cung hwong

Puong thang di qua diém dau va diém cudi cua vecto goi 1a gia cua vecto do.

Pinh nghia. Hai vecto duoc goi la cing phwong néu gia cia ching song song hoac
trung nhau.

Néu hai vecto ciing phuong thi chiing chi c6 thé cung huéng hoidc nguge hudng.
1.1.3. Hai vecto bang nhau

- Mdi vecto c6 mot dé dai, d6 1a khoang cach giita diém dau va diém cudi cua

vecto do. B0 dai cua vecto AB duoc ki hiéu la ‘ﬁ

, nhu vay ‘ﬁ‘ =AB

- Vecto c6 do dai bang 1 goi 1a vecto don vi.

- Hai vecto bang nhau néu chung cung huéng va cung do dai.2

1 Sgk Hinh hoc 10, trang 4
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Chuong 1. Vecto
Hay chi ra c4c cip vecto bang nhau trong hinh binh hanh ABCD.

1.1.4. Vecto - khong

Vecto —khong 1a vecto ¢ diém dau (goc) trung diém cudi (ngon).

Ki hiéu 1a 0

Quy wéc: Vecto 0 cb do dai bang 0 va c6 cung phuong, cing huéng véi moi

vecto. Do d6 cd thé coi moi vecto — khong déu bang nhau.®

1.2. Tong va hiéu hai vécto

1.2.1. Téng ciia hai vécto
Pinh nghia. Cho hai vecto a; b. Tir diém Atlyy vé AB=a va BC =b . Vecto
AC duoc goi 13 téng cua hai vecto a: b

Kihiéula AC=a+b 4

1.2.2. Quy tédc hinh binh hanh
Néu ABCD la hinh binh hanh thi AB+ AD = AC .5

B C

A D

1.2.3. Tinh chdt ciia phép céng cdc vécto

Vi ba vecto a, b, ¢ tly Y ta co

2 Sgk Hinh hoc 10, trang 6
3 Sgk Hinh hoc 10, trang 6
4 Sgk Hinh hoc 10, trang 8
5> Sgk Hinh hoc 10, trang 9
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Chuong 1. Vecto
a+b=b+a (tinh chit giao hoan);
(a+b)+c=a+(b+c) (tinh chat két hop);
a+0=0+a=a (tinh chit vecto — khong).5
1.2.4. Hiéu cia hai vécto
a) Vecto doi
Vecto doi clia vecto a 1a vecto cling do dai va nguge hudng véi vecto a, ki hiéu 1a
—a.
Mbi vécto déu co vécto dbi, chang han vecto dbi cua AB 13 BA, nghia 1a
AB =-BA
Dic biét, vecto ddi cua vecto 014 0.7

b) Pinh nghia hi¢u cia hai vecto
Cho hai vecto a va b. Ta gol hiéu cuaa hai vecto a va b 1a vecto Zz+(—l;), ki hiéu
2 a-B-a+(-5).
CHU Y
- Phép toan tim hiéu cua hai vecto con duoc goi la phép tri vecto.
- Véibadiém A, B, Ctlyy, taludn co :
AB+BC = AC (quy tic ba diém);
AB—AC=CB (quy tic tri).
1.2.5. Ap dung
- Piém I 14 trung diém cua AB khi va chi khi 1A+IB=0.
- Piém G la trong tdm cua tam giac ABC khi va chi khi GA+GB+GC =0.
1.3. Tich ciia vécto véi mot so

1.3.1. Dinh nghia

6 Sgk Hinh hoc 10, trang 9
" Sgk Hinh hoc 10, trang 10
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Chuong 1. Vecto
Chosb k=0 va vecto a=0 .Tich cua vecto a véi sb thuc k 1a mot vecto, ki hiéu
|l ka, cing huéng véi véi a néu k >0, nguoc huéng véi a néu k<0 va co do dai

béng|k”§k

Quy wéc 0a=0, k0=0.8

1.3.2. Tinh chat

Vi hai vecto va bat ki, véi moi sd 1 va k, taco
k(a+b)=ka+kb ;
(h+k)a=ha+ka ;
h(ka) = (hk)a

la=a, (-1)a=-a.

9

1.3.3. Trung diém ciia doan thang va treng tam cia tam giac
- Néu 1 1a trung diém cua AB thi véi moi diém M tacd MA+MB =2MI .
- Néu G 1a trong tdm ciia ABC thi v&i moi diém M ta c6 MA+MB + MC =3MG .
1.3.4. Piéu Kién hai vecto ciing phwong
Pidu kién can va du dé hai vecto a va b (b= 0) cing phuong 1a c6 mot sé k dé
a=kb .
Nhgn xét. Ba diém phan biét A B,C thang hang khi va chi khi c6 sé k khac 0 dé
AB =kAC.
1.3.5. Phan tich mét vécto theo hai vécto khong cung phwong
Cho a va b 12 hai vecto khong cing phuong. Khi d6 moi vecto x déu phan tich
dwoc mot cach duy nhit theo hai vectoa va b , nghia 1a ¢6 duy nhat mot cap sb

m, n sao cho x=ma+nb.

8 Sgk Hinh hoc 10, trang 14
9 Sgk Hinh hoc 10, trang 14
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Chuong 2. Phuong trinh. H¢ phuong trinh

CHUONG 2: PHUONG TRINH. HE PHUONG TRINH

Muc tiéu:

+ Nhan biét duoc hé phuong trinh tuyén tinh bac nhat 2 an, 3 an.

+ Giai duoc hé phuong trinh tuyén tinh bac nhat 2 4n, 3 an.
Noi dung
2.1. Pai cwong vé phwong trinh
2.1.1. Khai niém vé phwong trinh
a) Phwong trinh mot an
Phuong trinh an x 1a ménh dé cha biéncodang f(x) =g(x) (1)
trong d6 f(x) va g(x) 1a nhitng biéu thuc cua x. Ta goi f(x) vé trai, g(x) 1a vé phai
cua phuong trinh (1).
Néu c6 sb thucxosao cho f(xo) = g(Xo) laménh d& dung thi xo dugc goi la
mot nghiém ciia phwong trinh (1).
Giai phwong trinh (1) 12 tim tat ca cac nghiém cua nd (nghia 1a tim tap nghiém).
Néu phuong trinh khéng c6 nghiém ndo ca thi ta néi phuong trinh vo
nghiém (hoic noi tap nghiém cuaa né la rong).1°
CHU Y
C6 trudng hop, khi giai phuong trinh ta khdng viét dugc chinh xac nghiém cua
ching dudi dang sé thap phan ma chi viét gan dung. Gia tri 6 goi 1a nghiém gan

ding cua phuong trinh.

b) Piéu kién ciia mt phwong trinh

Khi giai phuong trinh f(x) = g(x), ta can luu y toi diéu kién ddi véi an sé x dé f(x)
va g(X) co nghia (tirc 1a moi phép toan déu thyc hién duoc). Ta ciing néi dé 1a diéu
Kién xdc dinh cia phirong trinh (hay goi tat 1a diéu kién ciia phwong trinh).

Khi cac phép toan ¢ hai vé ciia mot phuong trinh déu thuc hién duoc véi moi gia

tri ctia x thi ta c6 thé khong ghi diéu kién ctia phuong trinh. ™!

10 Sok Pai s6 10, trang 53
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https://tusach.thuvienkhoahoc.com/index.php?title=Ph%C6%B0%C6%A1ng_tr%C3%ACnh_v%C3%B4_nghi%E1%BB%87m&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/index.php?title=Ph%C6%B0%C6%A1ng_tr%C3%ACnh_v%C3%B4_nghi%E1%BB%87m&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/index.php?title=%E1%BA%A8n_s%E1%BB%91&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/index.php?title=%C4%90i%E1%BB%81u_ki%E1%BB%87n_c%E1%BB%A7a_ph%C6%B0%C6%A1ng_tr%C3%ACnh&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/wiki/Ph%C6%B0%C6%A1ng_tr%C3%ACnh
https://tusach.thuvienkhoahoc.com/index.php?title=V%E1%BB%9Bi_m%E1%BB%8Di&action=edit&redlink=1

Chuong 2. Phuong trinh. H¢ phuong trinh
¢) Phwong trinh nhiéu 4n
Ngoai cac phuong trinh mét 4n, ta con gap nhirng phuong trinh ¢6 nhiéu an sb,
chang han:

x=2y=0 (2
X+y+2z=4y> (3)
Phuong trinh (2) 12 phuong trinh hai 4n x va y, con (3) 13 phuong trinh ba 4n
X,y vaz.
Khi x = 2, y = 1 thi hai vé cta phuong trinh (2) c¢6 gia tri bang nhau, ta néi cap sb
(x; ¥) =(2; 1) la nghiém cta phuong trinh (2).
Tuong tu, bo ba sé (x; y; z) = (-1; 1; 2) 1a mot nghiém caa phuong trinh (3).
d) Phwong trinh chira tham sé
Trong mot phuong trinh (mét hoac nhiéu 4n), ngoai cac chir dong vai tro an s6 con
c6 thé o céc chit khac duge xem nhu nhitng hang sb va duoc goi 1a tham sé.
Giai va bién luan phuong trinh chira tham sé nghia 1a xét xem véi gid tri nao cua
tham s6 thi phuong trinh v6 nghiém, ¢ nghiém va tim cac nghiém do.
Chang han
mx—-3=0

c6 thé duoc coi 1a mot phuong trinh an x chira tham sé m.*2
2.1.2. Phwong trinh twong dwong va phwong trinh hé qud
a) Phuong trinh twong duwong
Hai phuong trinh duoc goi la fiwong dirong khi chiing c6 cung tap nghiém. 3
b) Phép bién d6i twong dwong
Pé giai mot phuong trinh, thong thuong ta bién d6i phuong trinh d6 thanh mot
phuong trinh twong duwong don gian hon. Cac phép bién doi nhu vay duoc goi la
cac phép bién doi twong dwong
DINH LI

1 Sgk Dai s6 10, trang 54
'2 Sgk Dai 50 10, trang 55
13 Sgk bai s6 10, trang 55
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https://tusach.thuvienkhoahoc.com/index.php?title=H%E1%BA%B1ng_s%E1%BB%91&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/index.php?title=Tham_s%E1%BB%91&action=edit&redlink=1
https://tusach.thuvienkhoahoc.com/index.php?title=Gi%E1%BA%A3i_v%C3%A0_bi%E1%BB%87n_lu%E1%BA%ADn_ph%C6%B0%C6%A1ng_tr%C3%ACnh&action=edit&redlink=1

Chuong 2. Phuong trinh. H¢ phuong trinh
Néu thyc hién cac phép bién doi sau day trén mot phuong trinh ma khong lam
thay d6i diéu kién cua né thi ta duwgc mot phuong trinh méi twong duong
-Cong hay trir hai vé véi cting mot sé hodc cling mét biéu thic ;
-Nhan hoic chia hai vé véi cting mét sé khéac 0 hoic véi cling mét biéu thire lubn
cé gia tri khac 0.
CHUY
Chuyén vé va doi dau mot biéu thic thuc chat 12 thuc hién phép cong hay trir hai
vé Véi biéu thirc do.
Ta dung ki hiéu “«< * dé chi su twong duong cua cac phuong trinh.14
¢) Phwong trinh hé qua
Néu moi nghiém ciia phuong trinh f,(x)=g,(x)déu 1a nghiém phuong trinh
f,(X)=g,(x) thi phuong trinh f,(x)=g,(x) duoc goi la phwong trinh hé qua cia
phuong trinh f, (x)=g,(x)
Ta viét
£ (x)=0,(x) = f,(x)=0,(x)

Phuong trinh hé qua c6 thé ¢ thém nghiém khdng phai 1 nghiém cua phuong
trinh ban dau. Ta goi d6 1a nghiém ngogi lai.

Khi giai phwong trinh, khéng phai lic ndo ciing ap dung duoc phép bién ddi twong
duong. Trong nhiéu trudng hop ta phai thuc hién cac phép bién do6i dua téi
phuong trinh hé qua, chang han binh phuong hai vé, nhan hai vé cua phuong trinh
véi mot da thire. Lic d6 dé loai nghiém ngoai lai, ta phai thir lai cac nghiém tim
duoc.

Déi véi phuong trinh nhiéu an, ta ciing c6 cac khai niém tuong tu. 15,

2.2. Phuong trinh chira 4n dwéi diu cin

Pé giai phuong trinh chira an dudi dau cin bac hai, ta thudng binh phuong hai vé

1 Sgk Dai s6 10, trang 55,56
15 Sgk bai s6 10, trang 56
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Chuong 2. Phuong trinh. H¢ phuong trinh

dé dua vé mot phuong trinh hé qua khong chaa an dudi dau can. 18

2.3. Phuong trinh va h¢ phwong trinh bac nhat nhiéu an
2.3.1. On tdp vé phwong trinh va hé hai phwong trinh bac nhat hai dn
a) Phwong trinh bac nhat hai an
Phuwong trinh bdc nhdt hai dn x,y ¢6 dang téng quét 1a
ax+by=c (1)
trong d6 a, b, ¢ 1a cac hé sd, véi diéu kién a va b khong dong thoi bang 0.
Tong quat, ngudi ta chimg minh duoc ring phuong trinh bac nhat hai an ludn luén
c6 vO sd nghiém. Biéu dién hinh hoc tdp nghiém cia phuong trinh (1) 12 mot
duong thang trong mat phing toa o Oxy.Y’
b) Hé hai phwong trinh bic nhit hai 4n
Hé hai phwong trinh bac nhat hai dan ¢é dang téng quét 1a

a,x+by=0
a,x+b,y=0

(2)

trong d6 x, y 12 hai an ; cac chit con lai 12 hé sd.
Néu cip s6 (x,:y,) dong thoi 1a nghiém cua ca hai phuong trinh cta hé thi (x:y, )
dugc goi la mot nghiém cua hé phuong trinh (2).
Gidi hé phuong trinh (2) la tim tap nghiém cua né.
2.3.2. Hé ba phwong trinh bdc nhdt ba dn
Phuong trinh bac nhat ba 4n c6 dang tong quat 1a
ax+by+cz=d,
trong d0 X, ¥, z laba an ; a, b, ¢, d 1 cac hé sb va a, b, ¢ khong ddng thoi bang 0.

Hé ba phwong trinh bdc nhdt ba an c6 dang tong quéat

*® Sgk Dai s 10, trang 60
17 Sgk bai so 10, trang 63,64
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Chuong 2. Phuong trinh. H¢ phuong trinh

ax + by +cz =d,
axX + by +c,z=d, (3)
ax + by + cz=d,

trong d6 x, y, z 12 ba 4n; cac chit con lai 1a cac hé sb.
Mdi bo ba sb (X0:¥0:2,) NGhiém dung ca ba phuong trinh cua hé duoc goi la mot

nghiém cua hé phuong trinh (3).18

18 Sk Pai s6 10, trang 65
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac

CHUONG 3: CUNG VA GOC LUQNG GIAC. CONG THUC LUQNG GIAC

Muc tiéu:
+ Trinh bay dugc gid tri lwong gidc cua mdt cung va cong thie luong giac.
+ Dbi duoc goc luong gidc tir radian ra d6 va tir do ra radian.

Noi dung
3.1. Cung va géc lwong giac
3.1.1. Khéi niém cung va goc lwong giac
a) Puong tron dinh hudéng
Puwong tron dinh hwéng 1a mot dudng tron trén do6 ta ¢a chon mot chiéu chuyén
dong goi 1a chiéu duong, chiéu nguoc lai goi 1a chiéu am.
Ta quy udc chon chiéu ngugc véi chiéu quay caa kim dong ho goi la chiéu duong.
Trén duong tron dinh hudng cho hai diém A, B. Mot diém M di dong trén dudng
tron theo mot chiéu (&m hoic dwong) tir A dén B tao nén mot cung lirong giac co
diém dau la A diém cubi 1a B.
Vay hai diém A, B di cho trén duong tron dinh hudng ta ¢ vo sb cung lugng giac
diém dau A, diém cubi B. Mdi cung nhu vay déu dugc ki hiéu 1a AB 1°
b) Goc lwong giac
Trén duodng tron dinh hudng cho mot cung luong gidc CD. Mot diém M chuyén
dong trén duong tron tr C tai D tao nén cung lugng giac CD noi trén. Khi do tia
OM quay xung quanh géc O trir vi tri OC téi vi tri OD. Ta n6i tia OM tao ra mot
géc lwong giac, co tia dau 1a OC, tia cudi 1a OD. Ki hiéu goc luong giac d6 1a
(OC,0D).°
¢) Pwong tron lwong giac
Trong mit phang toa do Oxy, dudng tron dinh huéng tdm O, ban kinh R bang 1

duoc goi la diwong tron lwong giac.

19 3ok Pai sé 10, trang 134
2 Sgk Pai so 10, trang 135
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac
3.1.2. Sé do ciia cung va géc lirong giac
A. D§ va radian
a) Pon vi radian
Dé do goc, nguoi ta dung don vi do goc 1au doi. Ngoai ra, trong Toan hoc va Vat |i
ngudi ta con dung mot don vi nira dé do goc va cung, do6 1a radian (doc 12 ra-di-an).
Cung tron c6 do6 dai bang béan kinh duoc goi 1a cung ¢6 6 do 1 radian 2}(viét tit 1a
1 rad).
b) Quan hé gitra do va radian

0
lrad = 180 ,1° — " rgd 2
T 180

CHUY
Khi viét s6 do cua mot goc (hay cung) theo don vi radian, ngudi ta thuong khong

viét chir rad sau s do. Chang han cung % duoc hiéu la cung %rad.

Bang chuyén doi théng dung

bo 30° 450 60° 90° 120° 135° 150° 180°
Radian Z Z i z 2_72' 3_7[ 5_7[ T
6 4 3 2 3 4 6

¢) D¢ dai cia mgt cung tron

Cung c6 sé do o (rad) ciia duong tron ban kinh R, ¢6 d6 dai la ¢ = Ra.

B. S6 do ciia mdt cung lwong giac

S6 do cuia mét cung lwong gidc AB (A = B) 1a mét sé thuc, am hay duong.

Ki hiéu sé do cua cung AB 1a sd AB

GHI NHO

S6 do cua cac cung luong gidc c6 cung diém dau va diém cudi sai khac nhau mot

boi cua 27 . Ta viét

2L Sgk Dai 6 10, trang 136
?2 Sgk Pai s0 10, trang 136
2 Sgk Pai so 10, trang 137
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac
sdAB=a+k2x, kell
Nguoi ta ciing viét s6 do bang do
sd AB=a"+k360°, kel
C. Sb do ctia mdt géc lwong giac

S6 do cuia goc hwong giac (OA,0C) 1a sé do cua cung lugng gidc AC tuong Gng.

3.2. Gia tri lwgng giac ciia mot cung v ;

B AT
3.2.1. Gia tri lwgng giac cua cung «a J7 -~ : '?‘,) s
A. Dinh nghia

o] K 4 x
Trén duong tron lugng gidc cho cung AM =« /
Tung d0 Yy = OH cua diém M goi 12 sin cua o va ki hiéu
la sina. Hinh 3.1

sin =0_H

Hoanh d x = OK cuta diém M goi 1a cosin cua « va ki hiéu Ia cosa .

Z , £z Sina . , LA s .- \ N
Néu cosa #0, ti $0 goi latang cua « va ki hiéu latan« (nguoi ta con dung
cosa
ki hicutga)
sina
tana =
cosax

L. , _z cosa
Neéu sina #0, ti SO —
sina

goi la cotang cua « va ki hiéu la cot « (ngudi ta con
dung ki hiéu cotg «)

cosa
cota =

sin¢
Céac giatri sina, cosa, tana, cota dugc goi la cac gia tri luwong giac cua cung o
Ta ciing goi truc tung la truc sin, con truc hoanh la truc cosin.?*
CHU Y

24 Sk Pai s6 10, trang 141
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac

Cac dinh nghia trén ciing ap dung cho cac goc lugng giac.

B. Hé qua

1) sina va cosa xac dinh véi moi a el . Hon nita, ta cé
sin(a + k27z) =sina, Vkell;

cos(a+k27r) =cosa, Vkell.

2) Vi —1<O0K <1; —1<0K <1(hinh 3.1) nén ta c6

—1<sina <1

—1<cosa<l.

3) Vi moi mell ma —1<m<1 déu ton tai & va B sao cho sina=m Va cos f=m

4) tana xac dinh véi moi a¢§+k7r (keD).

5) cota xac dinh véi moi a # krx (keD )

C. Gia tri lwgng giac cia cac cung dac biét

0 T T T T
o 6 4 3 2
o0 300 450 60° 900
sin « 0 1 @ ﬁ 1
2 2 2
Ccoscy 1 \/5 \/5 1 0
2 2 2
tan «
o | B 1| i3 |
3
cot o
| J3 1 ? 0

3.2.2. Y nghia hinh hoc cua tan va cotan

KHOA CONG NGHE O TO
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac

’ Ay At
S B S S

T
o YA

Hinh 3.2
a) Y nghia hinh hoc cia tana

tano = E
tano dugc bidu didn bai do dai dai sé ciia vecto AT trén truc tAt. Truc At dugc
goi la truc tang.?®
b) Y nghia hinh hoc cia cota.

cota = B_S
cota dugc biéu dién bai do dai dai s6 cua vecto trén truc §'Bs. Truc §'Bs dugc goi
la truc cotang.?®
3.2.3. Quan h¢ giira cac gia tri lwong giac
A. Cong thirc lwgng giac co ban
Péi vai céc gia tri luong giéc, ta co cac hiang dang thirc sau véi k el

1) sin®’ @ + cos’ o = 1

2) 1+ tan* o =

2

(o = Z4 k)
Ccos” « 2

3) 1+ cot’a =

(a = km)

4)tana.cota = 1 (v = %T)

sin” o

27

5 Sok Pai sé 10, trang 144
% Sok Dai s0 10, trang 144
27 Sgk Pai so 10, trang 145
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac

B. Gia tri lwgng giac cia cac cung cé lién quan dic bigt?

. . Cung phu nhau
Cung doi nhau Cung bu nhau
(o va —a) (avam—a) (v va — — «)
. . T
cos(—a) = cos« sin(m — a) = sin« sm[— — a] = cosa
: . ™ .
sin(—a) = —sina cos(m — ) = — cos« cos[— — a] — sina
2
tan(—a) = — tan« tan(m — ) = — tan« tan[z _ a] = cota
2
cot(—a) = — cot cot(m — ) = — cot Cot[E — a] = tano
2
Cung hon kém - -
. Cung hon kém — (o va — + )
m(avam™+ ) 2 2
sin(m 4+ o) = —sina sin[g—i—a]:cosa
cos(m + ) = —cos CoS f+a = —sinaw
tan(7r+a): tan o tan g+a = —cota
cot(m + a)= cot« Cot[g—l—a]:—tana

3.3. Cong thire lwgng giac
3.3.1. Cong tharc cgng

28 Sk Pai s6 10, trang 147
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac
sin(a + b) = sina.cosb + sinb.cosa
sin(a — b) = sina.cosb — sinb.cosa

cos(a + b) = cosa.cosb — sina.sinb
)

cos(a — b) = cosa.cosb+ sina.sinb

tan(a + b) = tana + tanb
1—tana.tanb

tan(a — b) = tana — tanb

1 + tana.tanbd 29

3.3.2. Cong thirc nhan doi
Sin 2c¢ = 2sin . cos &

cos2a = cos’a —sina = 2cos’a—1=1—2sin’ «

tan9q — _2tena 30

1—tan’«

3.3.3. COng thirc bién dai tich thanh téng, téng thanh tich
a) Cong thirc bién déi tich thanh téng.

cosacosh = %[COS(G +b) + cos(a — b)]
sinasinb = —%[COS(G +b) — cos(a — b)]

sina cosb = %[sin(a +b) + sin(a — b)]

31
b) Cong thirc bién doi tong thanh tich.
cosa+cosb=2cosa+b.cosa_b
2 2
.a+b . a—2>
cosa — cosb = — 2sin .sin
2 2
sina—ksinszsina;b.cosa;b

2 Sgk Dai s6 10, trang 149
%0 Sgk Pai s0 10, trang 150
31 Sgk Pai so 10, trang 151
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Chuong 3. Cung va goc luong giac. Cong thire lugng giac

) ) a+b . a—>
sinag — sinb = 2cos .sin
2 32

%2 Sgk Pai s6 10, trang 152
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Chuong 4. Phuong trinh lugng giac

CHUONG 4: PHUONG TRINH LUQNG GIAC
Muc tiéu:
+ Trinh bay dugc cong thiic nghiém ctia phuong trinh lugng giac co ban.
+ Giai dugc phuong trinh lugng giac co ban.
Noi dung
4.1. Phwong trinh sinx = m (1)
*Néu |m|>1 thi phuong trinh (1) v nghiém
*Néu |m| <1 thi phuong trinh (1) ¢6 nghi¢m

x=o+k2=n

(keZ).

(1) @sinx=sina <
x=n—o+k2n

n n
X ” ~ —— <L — N e .
Néu o théaman / 2= %>75 thita viét o =arcsin m .
sino=m

Céc trurong hop dac biét:

1. sinx:1<:>x:g+k2n, keZ

2. sinx:—1<:>x:—§+k2n, keZ

3. sinx=0<x=kn, keZ

4.2. Phwong trinh cosx = m (2)

* Néu |m|>1 thi phuong trinh (2) v8 nghiém
* Néu Im| <1 thi phuong trinh (2) ¢4 nghi¢m

x=o+k2=n (keZ).

2) < cosX =coso <
(2) {x=—a+k2n

0L—a<sm X
thi ta viét o =arccosm .

Néu o thoa man {
cosa=m

Cac trurong hop dac biét:
1. cosx=1<x=k2n, keZ

2. cosx=-1lox=n+k2n, keZ

3. cosx:0<:>x:g+kn, keZ
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Chuong 4. Phuong trinh lugng giac
4.3. Phwong trinh tanx = m (3)

biéu kién: x¢§+k7r, kel

@)= tanx=tana < x=a+kn, ke Z.

Céc truong hop dac biét:

1. tanx=1©x=£+krc, keZ

2. tanx=—1©x=—g+kn, keZ

3. tanx=0<=x=kn, keZ
4.4. Phuwong trinh cotanx = m (4)
biéu kién: x#kz, kell
(4) & cotx=cota < x=a+kn, keZ

Cac truong hop dac biét:

1. Cotx:lcx:g+kn, keZ
2. cotx:—1<:>x:—g+kn, keZ

3. cotx:0<:>x:§+krc, keZ
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Bai tap 6n
BAI TAP ON
CHUONG 1: VECTO
1) Cho hinh chir nhat ABCD ¢6 AB =1 cm, BC =2cm.
a/ Hay v& vecto tong cua hai vecto AB va AD.

b/ Tinh d dai ciia vecto AB+AD.
2) Cho hinh chit nhat EBCD c6 EB =3 cm, BC =4 cm.

a/ Hay v& vecto tong cua hai vecto EB va ED.

b/ Tinh d0 dai cua vecto EB+ED.
3) Cho hinh chir nhat FBCD c6 FB =5cm, BC =6 cm.

a/ Hay vé& vecto tong cua hai vecto FB va FD.

b/ Tinh d0 dai cua vecto FB+FD.

4) Cho hinh chir nhat ABCD c6 CAD =60°, AD =8 cm.
a/ Hay V& vecto tong cua hai vecto AB va AD.

b/ Tinh d0 dai cua vecto AB+AD.

5) Cho hinh chit nhat ABCD c6 CAD =30°, CD =8 cm.
a/ Hay vé& vecto tong cua hai vecto AB va AD.

b/ Tinh d6 dai ctia vecto AB+AD.
CHUONG 2: PHUONG TRINH-HE PHUONG TRINH
1) Giai hé phuong trinh bang phuong phap thé hoic cong dai s6:

2 {x—3y—1:o 0 {x—y=5 f {x+2y:—1
X+2y=6 2X+y=1 4x -3y =7
2X -3y =17
8x -y =51 {3X+y=2
{2x+3y:29 2x+7y=-9
) {4x—3y=7

2) Hai ban Van va Lan dén cira hang mua trai cay. Ban Van mua 10 qua quyt,

7 qua cam véi gia tién 1a 17800 dong. Ban Lan mua 12 quéa quyt, 6 qua cam
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3)

4)

5)

Bai tap 6n

hét 18000 ddng. Hoi gia tién mdi qua quyt va gia tien mdi qua cam 1a bao
nhiéu?

C6 hai day chuyén 4o so mi. Ngay thi nhat ca hai day chuyén may duoc 930
40. Ngay tht hai do day chuyén tha nhit ting ning sudt 18%, day chuyén
thir hai ting ning suit 15% nén ca hai day chuyén may dugc 1083 40. Hoi
trong ngay thtr nhat mi day chuyén may dwogc bao nhiéu 40 so mi?

Hai ban Yén va An dén cira hang mua 4o. Ban Yén mua 10 4o so mi, 7 40
thun véi gi4 tién 1a 1780000 d6ng. Ban An mua 12 40 so mi, 6 40 thun hét
1800000 ddng. Hoi gia tién mdi 4o so mi va gia tién mdi 4o thun Ia bao
nhiéu?

Hai ban Mai va Hong dén cira hang mua d6. Ban Mai mua 10 but bi xanh, 7
but bi d6 vai gié tién 1a 178000 dong. Ban Hong mua 12 bt bi xanh, 6 bat
bi do hét 180000 dong. Hoi gia tién mdi bt bi xanh va gia tien mdi but bi

do la bao nhiéu?

CHUONG 3: CUNG VA GOC LUONG GIAC. CONG THUC LUONG GIAC

1) Cho sinazg Véi g<oc<7c. Tinh cosa;tano;cota.
2) Cho sinazg Véi g<oc<7c. Tinh cosa;tano;cota.
3) Cho sina:—g Véi n<a<3§. Tinh cosa;tanao;cota.
4) Cho com:—g Véi g<a<n. Tinh sino;tana;coto.

5) Cho com:—g Vi TE<OL<37TC. Tinh sina;tana;cota

CHUONG 4: PHUONG TRINH LUGNG GIAC

Giai phuong trinh:

1) sin(x+20°) =

N -

52
2

. T
3) sin(x+ g) =
V3
2

2) cos(x +50°) = 4) tan(x — g) =1
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Bai tap 6n
5) cot(x ) =1 6) sin(x—40°) =
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